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2.1 Solar Input



4 CHAPTER 2. INPUT

2.2 Magnetospheric Input

The documentation group for the magnetospheric inputs to the TIEGCM
model consists of Barbara Emery, Wenbin Wang and Yue Deng, with help
from others as needed.

2.2.1 Parameters to define the magnetospheric inputs

If use the Heelis convection pattern [4], then need to define Hemisphere Power
(HP) and Cross Polar Cap Potential (CPCP).

There are two ways to define HP and CPCP:

1. Directly specify them in the namelist file. IMF By component can also
be defined in the namelist file to account for the By effect on the high
latitude convection pattern.

2. Use the "gpi.F” file, which calculates HP and CPCP from the Kp index.
For this case, in the namelist file, comment out the HP and CPCP lines,
select the gpi netedf file. The formulas are [17]

it Kp<7
hp =16.82 - ¢(03%kP) _ 4 86
it Kp>T7 (2.1)

7
hp =153.13 + (kp — 5~ (300 — 153.13))

cpep = 15 4 15kp + 0.8kp? (2.2)

If use the Weimer model [15], then need to give solar wind and IMF parame-
ters in the namelist file. You also need to specify the HP for the aurora (same
as above).

The input parameters for the Weimer model are:

Solar wind density and speed, IMF Bx, By and Bz, and AE index (optional)

2.2.2 The Heelis convection pattern

The input to module heelis is summarized in table 2.1. The output of
module heelis.F is summarized in table 2.2.
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*Note: the following material is from citewang1998, and copyright
to the University of Michigan. Some of the material has been
modified based on the updated TTIEGCM.

The auroral ion convection pattern in the TIEGCM is parameterized using
the Heelis model [4], which is modified to account for IMF By effects on the
shape of the convection pattern. In general, only two parameters are needed
to define the auroral ion convection pattern: the cross-tail potential ® in
kilovolts and the interplanetary magnetic field B, component (in nanotesla).
Other parameters are set up based on these two parameters that define the
convection pattern.

The first parameter defined is the radii 6y of the convection flow reversal
circle where the potential peaks

0y = —3.80° + 8.480p0-187 (2.3)

Where ® is the cross polar cap potential (CPCP in kV). The center of the
circle is located away from the geomagnetic poles by of fc along the magnetic
noon-midnight line and dskofc in the dawn-dusk direction

offc =1.0°

(2.4)
dskofc =0.0

where —11.0 < B, < 7.0 and +/— applies for southern/northern hemi-
sphere, respectively (By dependency is removed from the current TIEGCM,
need check why? dskofc = —0.08° — £0.15°B,, in older versions of the
TIEGCM, and also offc = 1.1°). The TIEGCM grid is then transformed
into grid points in the new ion convection coordinate system defined byoffc
and dskofc relative to the geomagnetic poles. In this coordinate the auroral
electric potential is generally expressed as

U = G(0)F(¢,0) (2.5)

where G and F' represent the strongest latitude and local time dependencies,
respectively, € and ¢ correspond to the corrected magnetic colatitude and
magnetic local time.

Latitude variations of the potential are represented in the TIEGCM by two
functions, one describing the variation when colatitude is smaller than 6,
the other one describing the variation when colatitude greater thanf, . The
latitude gradient of the potential, and therefore the meridional electric field, is
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discontinuous at ¢ in the TIEGCM implementation of the Heelis model. The
TIEGCM neglects a few degrees of turnover region around the ion convection
reversal because of the five-by-five degree grid spacing used in the TIEGCM.
However, this neglect introduces sharp changes in ion velocity and neutral
wind near the convection reversal which are an obvious discrepancy between
the calculated and observed convection patterns. In the TIEGCM

U(g,0) =(

sin 6

) F(¢,0) for 6> 0,

sin 6y
U (p,0) =F3(¢, Q)(%)g + Fy(, Q)(—)Q + Fi(¢, Q))(%) + pcen for 0 <6,
(2.6)

where 1 = —2.6, F(¢,0), Fi(¢,0), F5(¢p,0) and F3(¢,0)are functions ac-
counting for the local time dependencies of the convection pattern. They are
chosen such that (¢, #) is continuous at 6y, codepcenis the potential at the
center of the convection reversal circle due to the B, effect

pcen = 0.0 (2.7)

(Note, in the earlier version of the TIEGCM, pcen = (—0.168 £ 0.027B,)®
do not know why B, dependency is removed, need check). As discussed in
Chapter 2.2.1, positive B, increases the evening cell and negative B, enlarges
the morning cell in the northern hemisphere. The opposite behavior occurs
in the southern hemisphere.
The cross tail potential is split between the evening and morning potentials
psie and psim. The evening cell is usually larger than the morning cell based
on both satellite and ground measurements, so the normal split used in the
TIEGCM is

psim = 0.5¢ psie = —0.59 (2.8)

(In the earlier version of the TIEGCM,psim = 0.44 ,psie = —0.56 do not
know why being changed).
The local magnetic time dependencies are described by 6 angles. The lon-
gitude 0° (12 MLT) in the TIEGCM ion convection coordinate system is
defined at noon. The longitude is positive when rotating clockwise. phid
and phin are local time angles determining the daytime entrance and night-
time exit of the ion convection pattern (zero potential line) across the polar
cap. Their position are also affected by the magnitude and orientation of
IMF B,

phid = 0°® phin = 180°® (2.9)
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(phid = (9.39 £ 0.21B, — 12.)15°), codephin = (23.5 £ 0.158,, — 12.)15° in
the older versions of the TIEGCM, why changed?), again, in 2.9 4+ applies
for the southern/northern hemispheres, respectively.

The regions over which the flow paths are not parallel to the convection rever-
sal circle are specified by local hour limits on either side of the zero potential
line. The dayside convergence region is called the throat region whereas the
region on the nightside is the Harang discontinuity. The angular limits of
these two convergence zones at 0y are given by positive and negative depar-
tures from phid and phin, respectively, which are denoted by phidp, phidm,
phinp and phinm. Figure 2.1 is illustration of an example of the Heelis model
output marked with various parameters.

It should be noticed that the Heelis model is suitable only for IMF B, neg-
ative (southward) conditions. As discussed in Chapter 2.2.1, when B, is
positive (northward), the ion convection patterns can have a configuration
quite different from the two-cell pattern simulated by the Heelis model. Up
until now, the latest TIEGCM and TIME-GCM still use this simple model
for the parameterization of the convection pattern.

2.2.3 The Weimer convection pattern

(need Barbara to write this) The input to module weimer is summarized in
table 2.3. The output of module weimer.F is summarized in table 2.4.

2.2.4 High latitude auroral pattern

The input to module aurora.F is summarized in table 2.5. The output of
module aurora.F is summarized in table 2.6. Ion ionization rates and elec-
tron heating rate by auroral precipitation are added to the total ionization
rates (variables qo2p, qop, qn2p and qnp) and electron heating rate (vari-
able qteaur) (solar part is calculated in ) within the auroral.F module itself
(subroutine xxxx), so they are not the outputs of the module.

The precipitation in the auroral.F module includes electron precipitation,
soft electron precipitation, cusp precipitation, polar rain (drizzle), and ion
precipitation. The contribution of each precipitation to ion production and
electron heating is added to the total ionization and heating rates.

Note: the following material is from citewangl1998, and copyright
to the University of Michigan. Some of the material has been
modified based on the updated TIEGCM.
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Figure 2.1: The ion convection pattern (northern hemisphere) for cross-tail
potential of 60 KV and the IMF By = 7 nT. Many of the specification
parameters are illustrated.



2.2. MAGNETOSPHERIC INPUT 9

Electron precipitation

The characteristics of the auroral oval used in the TIEGCM are shown in Fig-
ure 2.2. The oval is approximately circular and is offset toward the magnetic
nighttime by offa, which is assumed to be 3.7° and 4.3° for the northern
and southern hemispheres, respectively. The dawn-dusk offset is related to
the direction and strength of the IMF B, component and is given by

dskofa = —1.26 + 0.15B, (2.10)

where the plus sign is for the southern hemisphere and the minus sign for
the northern hemisphere. Thus the center of the auroral oval is away from
the magnetic poles. The TIEGCM defines the auroral oval in a new auroral
coordinate system with poles in the center of the auroral oval. The width of
the auroral zone is assumed to be a Gaussian distribution having a half-width
of the form

h = ho(1 —rycos ) (2.11)

where hg = 0.5(h; +h —2), rp, = EZEZ;; . A is the angle clockwise from the
entrance of the auroral convection throat, which is away from the magnetic
local noon by an angle of x;. hy (daytime) and hy (nighttime) are the half-
widths of the auroral zone at A\ = 0° and A = 180°, respectively, and given

by

hy =2.5 + 0.025 - maz(H P, 55) 4+ 0.01 - min(0, HP — 55)

The angle x;, (variable rroth in the code, the clockwise rotation from noon
of dayside h; Gaussian) is defined as

Xn = 15°(12.18 — 0.89P) (2.12)

where P, = 2.09In(H,) is the hemisphere power level, H, is the hemispheric
power in unit of GW.

There is also an angle x. (variable rrote in the code, the clockwise rotation
from noon of peak dayside energy), it is defined as

Xe = 15°(2.62 — 0.55P,) (2.13)

The auroral particle precipitation number flux is then assumed to be a



10 CHAPTER 2. INPUT

Figure 2.2: Illustration of the parameterization of the auroral oval in the
TIGCM
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product of functions describing the A (longitude) variations and a latitudinal
Gaussian distribution [11]

¢ — do

: )%/ (20,,1.602 - 107°)  (2.14)

F = Ep[1 — recos(ar — xe)]exp[—(

where « is the longitude, ¢ is the colatitude in the newly defined auroral
coordinate system, ¢ (named arad in the code) is the radii of the auroral
oval expressed as

¢o = maz(—0.43 + 9.69C).1875, 1420 + 0.96 F) (2.15)

where C), is the cross tail potential in unit of kV, «,, is the Maxwellian
characteristic energy of the precipitating particles in keV, y,. is an angle
defined by

Xe = 15%(2.62 — 0.55P;) (2.16)

such that

Eo[l —recos(a — x.)] =FE;  whena — x, = 0° (2.17)
Eo[1l — recos(a — xe)] =FE»  whena — . = 180° '

whereFy = 0.5(F; + E») and r. = (Ey — Es)/(Ey + E,). E; and Ey are the
energy flux of the precipitating particles (ergs cm-2 s-1) in the noon sector
and midnight sector, respectively, and given by

Ey =maxz(0.5, —2.15 + 0.62P,
E,=1.+0.11H,

The characteristic energy «,, is defined using the statistical patterns mea-
sured by satellite (e.g. Hardy et al., 1985). Embedded in the uniform soft
particle precipitation (j1.0 keV) are two hot plasma zones (high energy pre-
cipitating electrons) described in terms of Maxwellian distribution around
magnetic local 6 and 21 hours

i = aptagerp—[(¢ — ¢o — )/ he) exp—[(or — t6) /x6]”
+asrexp—[(¢ — o — Y21)/ha1]*exp—[(o — ta1) /x21)?
where oy, , ag and as; are the characteristic energies of the background soft

particles, hot particles in the magnetic morning (06:00 MLT), and hot par-
ticles in the magnetic evening (21:00 MLT), respectively. ~g and 79, are



12 CHAPTER 2. INPUT

the displacements of the regions of maximum characteristic energies with
respect to the oval described by equation 2.8; hg and hol are the latitudi-
nal half-widths of the two hard precipitation zones, assuming a Maxwellian
distribution; g and y»o; are the zonal half-widths of the hard precipitation
zones. lg and ty; are magnetic local times in degrees. Values of these param-
eters are given in Table 2.7. Note: TIEGCM currently uses a simple auroral
oval specification. The characteristic energies for the noon and midnight sec-
tors are fixed and 1.5 keV and 2.0 keV, respectively. Thus the characteristic
energy of electron precipitation over the entire auroral oval is not changing
with geomagnetic storm intensities (i.e. Kp).

Soft electron precipitation

Soft electron precipitation is defined the same as the auroral oval in Section
2.2.4. At present, it is turned off in the TIEGCM by setting the energy flux
to be zero (characteristic energy is set to be 75 eV).

Cusp Electron precipitation

The polar cusp region is also subject to intense soft particle precipitation
with an average energy around 100 eV. (The characteristic energy (not mean
energy!) of the cusp precipitation used in TIEGCM is 100 eV.) Most of the
energy of the precipitating electrons is deposited in the F-region, causing
localized enhanced electron density and temperature, or a so called hot spot
(Fontheim et al., 1987; Heikkila and Winningham, 1971). The longitude ex-
tent of the polar cusp is about 30 to 40 degrees (2-4 MLT hours) around
magnetic local noon. The polar cusp is more constrained in the latitudinal
direction with an average width about 2-3 degrees (e.g. Lockwood and Davis,
1995; Newell and Meng, 1992), and is located between 75° and 80° magnetic
latitudes. The location and size of the polar cusp may change dramatically
under various IMF conditions.

In the TIEGCM cusp precipitation is parameterized by assuming Gaussian
distribution in both latitude and longitude. The location of the cusp is as-
sumed to be at the daytime convection reversal throat which is determined
by the strength and direction of the IMF By and Bz components as dis-
cussed in Section 2.4.2. (?77? not there) The Gaussian half width in the
longitude direction is 20° and the half width in the latitude direction is 5°.
Thus the TIEGCM, because of the limitations of its grid size, overestimates
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the latitude extent by about 5 times as compared to the observed average
latitude width of 2° to 3° discussed above. One consequence of this parame-
terization is the overestimation of the sizes of enhanced plasma density and
temperature regions produced by the cusp soft precipitation and, in turn,
the overestimation of the coupling effect between neutrals and ions, and the
amount of plasma transported from the dayside ionosphere into the night-
time polar cap.

The typical energy flux of cusp electron precipitation is about 0.32erg/cm?/s
varying with geomagnetic and IMF conditions (Hardy et al., 1985; Candidi
and Meng, 1984; Heikkila and Winningham, 1971). In the TIEGCM, the
energy flux of the cusp precipitation is given by

E,=312x 10824 x 107" +6.7 x 107°H,) eV/em?/s

2.18
= —5(24x 107" +6.7x 107°H,) erg/cm?/s (2.18)

(in TIEGCM 1.9 E. is defined as (2.4 x 107! +6.7 x 1073H,,) /5 do not know
why) Thus, the energy flux is 0.14erg/cm?/s when H, = 5.0GW during
magnetic quiet times, and 0.63erg/cm?/s when is 150.0 GW during a storm.

Polar rain (drizzle)

Spatially homogeneous precipitation of soft particles in the polar cap, the so
called polar rain, is also included in the TIEGCM. The polar rain particles
come from the solar corona and get into the upper atmosphere through the
magnetosheath (Fairfield and Scudder, 1985). The energy fluxes of polar rain
commonly vary from 1072 to 10™2erg/cm?/s (Sotirelis et al., 1997; Hardy et
al., 1986; Riehl and Hardy, 1986; Gussenhoven et al., 1984; Winningham and
Heikkila, 1974), although sometimes very strong polar rain may occur with
energy fluxes up to about 10erg/cm?/s (Newell and Meng, 1990, Meng and
Kroehl, 1977). The occurrence frequency of polar rain events for the IMF
Bz southward is about twice that for IMF Bz northward conditions (Gussen-
hoven et al., 1984). Polar rain has strong hemispherical asymmetry, with
the Earth’s north (south) hemisphere favored for away (towards) IMF Bx
directions (Hardy et al., 1986; Gussenhoven et al., 1984). The energy flux of
polar rain also has a dawn-dusk gradient controlled by IMF B, conditions.
Polar rain is stronger during magnetic storms than during magnetically quiet
times (Winningham and Heikkila, 1974).

The energy spectrum of polar rain can be described by a single or by two
Maxwellian distributions. The lower energy component of polar rain has a
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very narrow energy distribution centered at 80 eV with a standard deviation
of 13 eV. The energy spectrum of the high energy component has a outstand-
ing peak centered at 525 eV but extending over a wide range from 100 eV to
several thousand eV. The mean energy of the high energy component of the
polar rain is about 1250 eV with a standard deviation of 750 eV (Hardy et
al., 1986; Riehl and Hardy, 1986).

In the TIEGCM, polar rain is parameterized by a single Maxwellian distri-
bution with a characteristic (not mean energy) energy of 500 eV. This simple
approach may underestimate the contributions of the low energy component
of polar rain to the ionization rate of the upper atmosphere, while overesti-
mating the contributions of the high energy component. The peak altitude
of the ionization rate is thus moved to lower heights affecting the calculation
of the F-region electron density in the winter hemisphere polar cap greatly.
The energy flux and its variations with the geomagnetic activity is described
in the TIEGCM by

E, =3.12 x 10°(0.012 + 0.006 H,) eV /cm?/s

2.19
= 0.5(0.012 4+ 0.006H,) erg/cm?/s (2.19)

Ion precipitation

Solar proton precipitation inside the polar cap is included in TIEGCM. The
characteristic energy was assumed to be 10 keV. The energy flux is cur-
rently set to be 1.E-20, so practically zero. There is also a logical variable
add_sproton, which has a default value of false. You have to change this
to true and specify the energy flux e_sp if want to include this precipitation
in the model calculation.

Ion ionization and electron heating rates

It is assumed that particle precipitations has a Maxwellian energy distribu-
tion. The total energy flux is given by (Roble and Rees, 1977; [11])

where Fp is the total number flux of the precipitating particles, « is char-
acteristic energy of the energy distribution and 2« is the mean energy. The
ionization rate produced by collisions between precipitating particles and
neutral particles is then calculated using an analytic relationship derived by
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Lazarev (1967). Contributions from both primary and secondary electrons to
the production of ionospheric plasma are included. The detailed description
of this calculation is given by [11].

The number fluxes of auroral electron precipitation, soft electron precipita-
tion and polar drizzle are calculated in the auroral coordinate system based
on 2.20. The coordinate transfer for each geographic grid points, and the
final characteristic energies number fluxes (variable alfa, alfa2, drizl,
flux1l, flux2) and auroral heating (qteaur: used in subroutine ) at each
grid points are calculated in subroutine

Number flux for the cusp precipitation is obtained in subroutine .
The detail of how to obtain ionization rates need to written in detail later.

( subroutines aurora ions, aion and bion). Formulas need to be added
here too.
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physical field

H variable ‘ unit ‘ pressure level ‘ timestep

radii of convection flow re-
versal circle

offset between the center
of the convection circle and
the geomagnetic pole along
the geomagnetic noon and
midnight line

Offset between the center
of the convection circle and
the geomagnetic pole along
the geomagnetic dawn-dusk
line

Potential at the center of
the convection circle
Potential of the evening cell
Potential of the morning cell
Negative departure from
phid

Positive  departure from
phid

Positive departure from
phin

Negative departure from
phin

Sun’s longitude in dipole co-
ordinale (MAGFIELD.F)
Critical colatitudes
(CONS.F)

0y theta0

offc

dskofc

pcen
psie
psie
phidm
phidp
phinp

phinm

rril
sunlons

crit

tn

tn

Table 2.1: Input fields to module heelis. All these variables but sunlons
and crit are specified in module
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‘ physical field H variable ‘ unit ‘ pressure level ‘ timestep ‘
Fractional presence Pfrac (used in ) tn
of dynamo field
Heelis potential in || phihm (used in dynamo.F) tn
geomagnetic coor-
dinates

Table 2.2: Output fields of module heelis.F

‘ physical field H variable ‘ unit ‘ pressure level ‘ timestep
Solar wind density th,
Solar wind speed tn
IMF B,, By, B, nT tn
AFE (optional)

Table 2.3: Input fields to module weimer.

‘ physical field H variable ‘ unit ‘ pressure level ‘ timestep
Fractional presence Pfrac (used in ) tn
of dynamo field
Heelis potential in || phihm (used in dynamo.F) tn
geomagnetic coor-
dinates

Table 2.4: Output fields of module weimer.F. (Also parameters to specify

‘ physical field H variable ‘ unit ‘ pressure level ‘ timestep ‘
Cross polar cap po- || ctpoten tn
tential
Hemisphere power power tn
IMF By byimf

Sun’s longitude in || sunlons
dipole  coordinale
(magfield.F)

Table 2.5: Input fields to module aurora.
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physical field

variable ‘ unit ‘ pressure level | timestep

Radii of the convec-
tion flow reversal cir-
cle

Offset between the
center of the con-
vection circle and
the geomagnetic pole
along the geomagnetic
noon and midnight
line

Offset between the
center of the con-
vection circle and
the geomagnetic pole
along the geomagnetic
dawn-dusk line
Potential at the center
of the convection cir-
cle

Potential ~ of  the
evening cell

Potential of the morn-
ing cell

Negative  departure
from phid

Positive departure
from phid

Positive departure
from phin

Negative  departure
from phin

0o (theta0) (used in heelis.F)

offc (used in heelis.F)

dskofc (used in heelis.F)

pcen (used in heelis.F)

psie (used in heelis.F)
psie (used in heelis.F)
phidm (used in heelis.F)
phidp (used in heelis.F)
phinp (used in heelis.F)

phinm (used in heelis.F)

tn

tn

Table 2.6: Output fields of module aurora.F.
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parameter values

Qg 0.38 +0.48 P~
91 max(1.0,—1.75 4+ 0.69P;)
Y6 —4.0°

V21 4.0°

hg 7.0°

hay 10.0°

X6 7.0-15°

X21 4.0 - 15°

ts (6.0 — 12.0) - 15°
toq (21.0 — 12.0) - 15°

19

Table 2.7: Parameters and their values used in the TIGCM to define the

characteristic energy of the precipitating particles in the auroral oval.
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2.3 Lower Boundary



Chapter 3

Neutral Dynamics

21
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The TIE-GCM solves the primitive equations in pressure eeerdinate, and
the detailed information on the equations and the numerics employed can
be found in [2]. In this Chapter, we will first give a brief summary of the
model dynamics, and then discuss the main components in solving dynamic
equations. The solution of the thermodynamics will be discussed in the next
Chpater.

The zonal and meridional winds are solved from the momentum equations
in the zonal and meridional direction, respectively. The tendencies (acceler-
atioq\) of the horizontal winds come from horizontal and vertical momentum
transport, horizontal gradient, of geopotential, eddy and molecular viscosity,
Coriolis force, and ion drag (Section 3.3). The vertical wind is determined
from the continuity equation by integrating the divergence of the horizon-
tal winds vertically (Section 3.2). The geopotential is calculated from the
hydrostatic equation by integrating temperature, vertically (Section 3.1).

The equations are solved using dth order finite difference method. The
vertical grid is staggered with horizontal winds, neutral, ion, and electron
temperature, and mass mixing ratios defined on the so-called midpoints, and
vertical wind and geopotential defined on the interfaces. Leapfrog scheme
is used for time integration of momentum transport, geopontential gradient,
Coriolis force, and ion drag, and jmplicit scheme is used for eddy and molec-
ular viscosity in the vertical direction. To achieve better numerical stability,
,Shapiro filter (reference?) is applied in meridional and zonal directions.
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3.1. CALCULATION OF GEOPOTENTIAL HEIGHT 23

‘ physical field H variable ‘ unit ‘ pressure level ‘ timestep
neutral  tempera- T, K midpoints tn
ture
mass mixing ration Yo — midpoints tn
of O
mass mixing ration Vo, — midpoints tn
of 02
neutral meridional Up, cm/s midpoints tn
velocity

Table 3.1: Input fields to subroutine addiag

‘ physical field H variable ‘ unit ‘ pressure level ‘ timestep ‘
COS - neutral CoS Ay, cm/s midpoints tn
meridional velocity
mean molecular m g/mole interfaces tn + At
mass

mmr to #/cm?

mmr to #/cm?

mmr to #/cm?

conversion  factor | Nm xnmbar | #/cm3g/mole | midpoints | ¢, + At??
conversion factor || N xnmbari | #/cm3g/mole | interfaces | ¢, + At??

conversion  factor || N/ xnmbarm | #/cm3g/mole | midpoints | ¢, + At??

Table 3.2: Output fields of subroutine addiag

3.1 Calculation of geopotential height

The input to subroutine addiag is summarized in table 3.1. The output
of subroutine addiag is summarized in table 3.2. The module data of
subroutine addiag is summarized in table 3.3. First the term cos Av, is
calculated on the midpoint pressure level and stored in the variable vc. The
mean molecular mass is determined by

-1
Yo, n Yo n W,
mo, mo mu,

(3.1)

with the mass mixing ratio of N, determined by ¥y, = 1—Vo —V,. Before
the mean molecular weight is returned from the subrouting it is transferred
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‘ physical field H variable ‘ unit ‘ pressure level ‘ timestep ‘
cosinuas, coS A — - —
height step Az — - —
dzgrav g/R* interfaces tn
timestep size At S - —
expz em2m3hz — midpoints —
expzmid o302 — )

L 1Az _ _
expzmid_inv ez -
Boltzman constant kg 1.38 - 101 - tn
freqsemidi T rad/s - -
ci (0,1) interfaces tn

Table 3.3: Module data of subroutine addiag

to the interface pressure level by averaging.

m(e) = 5 (m(z +02) + (s - %Az)) (3.2)

with the lower boundary value extrapolated
_ _ 1 _ 3
M (2pot) = 1.5 ( 2por + §AZ) — 0.5m( zpor + §Az) (3.3)

The conversion factor from mass mixing ratio to number density is first eval-
uated at the midpoint level

—z—%Az m(z + %AZ)
kT, (z + %Az)

1
nm(z + 5AZ> = poe (3.4)

which is stored in the variable xnmbarm. I’'m not sure why this is done, but
again is the conversion factor from mass mixing ratio to number density
calculated and stored in xnmbar. The only difference to the above factor
is that now the mean molecular mass is already on the interface pressure
level and converted back to the midpoint pressure level. Afterward the mean
molecular mass on the interface pressure level is determined

nm(z) = poeéAzezéAzikgj(L) (3.5)
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LAz

with T}, (210p) = Th(210p — 2A2), and the value e~2 e~#ort38% at the upper

2
boundary.

The geopotential height is calculated by using the hydrostatic equation

07 _RT, _ (36)

@_mg

with AZ = HAz. First the term HAz is set which is stored in the variable
wl

AzR* T, (z + %Az)
g m(z+ 3A%)

wl(z + 5A2) = (3.7)

The lower boundary values of the geopotential height are set from the Hough
modes or GSWM with possible contribution from the semidiurnal migrating
tide Zgp, the migrating diurnal tide Zp, the annual tide Z,4, and the non-
migrating semidiurnal and diurnal tides Z,sp and Z,p, respectively.

Z(2bot) = Zsp + Zp + Za+ Znsp + Znp (3.8)

All the tidal contributions are defined at the lower boundary pressure level
z = —7. The geopotential height is evaluated then by

Z(z4+ Az) =wl(z+ %Az) + Z(z) (3.9)

with wl = %% (see eq. (3.7))
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‘ physical field H variable ‘ unit ‘ pressure level ‘ timestep ‘
neutral zonal veloc- U, cm/s midpoints tn
ity
neutral meridional || cos Avy, cm/s |  midpoints tn
velocity

Table 3.4: Input fields to subroutine swdot

physical field H variable ‘ unit ‘ pressure level ‘ timestep ‘

"dimensionless’ ver- w 1/s interfaces tn + At
tical velocity,

Table 3.5: Output fields of subroutine swdot

3.2 Calculation vertical velocity W

The input to subroutine swdot is summarized in table 3.4. The output
of subroutine swdot is summarized in table 3.5. The vertical velocity is
calculated by solving the continuity equation of the thermospheric neutral
gas. The continuity equation takes the following form

1 0 1 Ou, o, _
K Lt 2 9 ) = 1
Reoshon SN+ os 5 Tz W) =0 (3.10)

with the ’dimensionless’ vertical velocity is W = %' The 'real’ vertical ve-
locity w relative to a pressure level (note that for the vertical velocity relative
to the ground you have to add the vertical movement of the pressure level) is
obtained by integrating the continuity equation over Z to get W, and then
multiply W by the scale height H.
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The horizontal divergence Vy - v,, is calculated in subroutine divrg.

1

2
Vi Va " Rg COSA[BAd) [

1
T5Ad [Un (¢ + 2480, Nun (¢ — 246, N)]
ﬁ [cos(A + AN v, (d, A + AX)cos(A — AN)v, (P, A — AN)] —
1
oAy Ln(@: A+ 280)v,(6, A = 2AM)]] (3.11)

The integration is done by an integration from the top to the bottom of the
model, with the condition at the upper boundary being

ow

— =0 3.12
P (3.12)
and in descr,%tized form

1
W (ztop) = Vi - Vi (Ztop — éAz) (3.13)

and then do the integration
1 1 ]_
Wi(z—Az)=e"2% e 2°W(z — 2A2) + A2V - v, (2 + §AZ) (3.14)

The vertical velocity W is then filtered in longitude to remove the high
wave numbers. The filter is in subroutine filter_w and is part of the file
swdot.F.
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3.3 Momentum equation /DUV.F

The input to subroutine duv is summarized in table 3.6. The output of
subroutine duv is summarized in table 3.7. The zonal and meridional mo-
mentum equation is solved to get the neutral horizontal velocities u,, and v,,.
For the vertical velocity the continuity equation, is solved. In the code the
subroutine addiag solves for the dimensionless vertical velocity w.

The momentuum equation in the zonal direction can be written as

ou, ge* 0 |pdu, cor
:g |:Iu :| + f Unp, + )\$$(UE$B,:B - un) + /\a:y(UE;BB,y - Un)_

ot po 0Z |HOZ
Uy Up, 1 00 ou,,
Vi Vi o tan A = o 5o 07 (3.15)

with A\, and A, the ion drag coefficients. The meridional momentum equa-
tion is defined as

ov, ge* 0 {,uc%n

:| - fcorvn + >\yy (UE:BB,:B - un) + >\y$ (UE;BB,y - un)_

ot py 0Z | HOZ
Uy U 1 0P ov
Vo, + —2tan A — — — — W—2= — hd, 1

Horizontal diffusion hd, and hd, is also included in the momentum equation,
(needs documentation look at hdiff3; not consistent in equations) The time
rate of change in the horizontal velocity on the left hand (1. term) side which
is equal to the forcing terms on the right hand side. The forcing terms are the
following in this order: the vertical viscosity (2. term), the Coriolis force (3.
term), the ion-drag force (4.4+5. term), the nonlinear horizontal advection
(6. term) and momentum force (7. term), the pressure gradient force (8.
term),the vertical advection (9. term) and horizontal diffusion (10.term).
Using a Leapfrog scheme leads to

t+At t—At z t+At
n n n t+At t t+At
— - |:7 + “)n +)‘II(UE;BB,$ — Uy, )+

2At py dz | Hdz
)‘xy(UfExB,y - UflJrAt) - V1tl ' VU;—F (317)
u,t + Ato?, b\ 1 dopttat -y dultat

Rg " Rpcosh do dz
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and

t+AE _, t—At z t+At
Un Up 8¢ i pdoy, —fultAE N (gt _ t+At) i
- fun vy (UE;BB,y Un

AL 0o dZ | HdZ
)‘yiB(UELBB,;B - uﬁz—’—At) - vfz ’ vvfz—i_ (318)
u,t + Atul, tan ) 1 dottan At dvttAat
Rg Rg dA dz

The terms of the discretized equation are added to the matrices Q at the
height level k&, P at k—1, and R at k+ 1. The first line in the matrices is the
zonal equation and the second line the meridional direetion. In the following,
we will describe the contribution to the matrices for each term. The right
hand side goes into rhs. Note that in the code the two equations are divided
by e*

t+At t—At t+At t—At
. Uy,

ot
ie. N lead to

Q' l=¢" (% ? ) (3.19)

2At

The time derivatives

in units of 1/s, and the right hand side

t—At

Uy, ,smooth + hdu>

RHS' =¢°7 < N2 (3.20)

U, ,smooth
e + hd,

in units of em/s? with hd, and hd, the horizontal diffusion terms calculated
in subroutine hdiff3 . The velocities u’ 2! and vf~2! at the previous
timestep t — At are smoothed with the Shapiro method. First in meridional

direction and then a zonal smoothing is applied.

oot = (9, A) = Canapirol (&, X+ 2AX) + f(, X — 2A0)—
A[f(d, A+ AN) + f(d, X = AN)] +6f(¢, \)} (3.21)
smooth — fEmooth — ¢ opapirol fome™ (¢ + 286, \) + famooth(¢ — 2A¢, \)—
Afomoot (¢ + D¢, N) + faeoe™ (¢ — Ad, N)| + 6 fmmoi" (6, 1)}
(3.22)

The Shapiro constant is set to cspapiro = 0.03. The smoothing is done in the
subroutine smooth.
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The vertical viscosity term includes the eddy peq and molecular fi,,q
viscosity.

gez i /’Ldut+At — 6z 92(1“611 + ,umol)m (3 23)
po dz | HdZ pok Tt Az? ’

with % = ki—?ﬂ. The term is calculated at the interface level. We substitute
in the following in [1/s]

Az?2 pokpTintAz?

The second derivative is discretized by

t+At t+At
Dut+At 1 Fiie=| (= + A2) — | fir 2% (2)
(fvzs n )(Z+_AZ): [ ’ i| Az [ :| =
B Un (2 + 3A2) — up(z + 3A2)
=X (fms(z + Az) N
Un(z + 3A2) —un(z — §Az2),
— fuis(2) s )= (3.25)
1

3
A (fois(2)un(z + §Az)

Note that f,;s is at the interface level with z denoting the index k, and the
neutral velocity on the midpoints with z + %Az being the k level. The same
applies to the derivative of the meridional velocity. The terms from the above
equation are added to the matrices Q for the height level k, R for the values
at the level k£ + 1, and P for the £ — 1 height level

2 _ Nl ALZQ(fmS(Z + AZ) + fvzs(z)) 0

L r
P2:< AZQ(J;ms(Z) _ﬁ?yzs(’z)) (327)
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B —%fws(szAz) 0
RZ ( e —ﬁfws(szAZ)) (3.28)

The third terms in the momentuum equations ferviHAt and — feoruttat are
the Coriolis forcing with the Coriolis parameter f°" = 2Q2sin A. The terms
are added to the matrix G in units of [1/s]

QP =Q e (fo _{) ) (3.29)

The fourth and fifth term in the momentuum equation Ay, (vVgep.. — ubtat) +
Aoy (VBB — VAN and Ay, (Vgep.e — b2 + Nye (Ve — ub2Y) are the ion
drag terms. The terms with the electrodynamic drift velocity are added to

the right hand side.

id  t,mid t.mid . t,mid
)\t,mld,u ) + A M,
2 _ 1 —z T EzBx zy ExzBy
RHS” = RHS  +e¢ t,mid,, t,;mid t,mid, t,mid (330)
Abmady, — Abmidy
Yy ExB,y YT ExB,x

The values A2 and vg’;ﬁ* are the ion drag coefficient and the electrody-
namic drift velocity at the time step ¢ and at the midpoints. Therefore in the
code the values from the interface height level k and k41 are averaged to get
the midpoints values. Both the ion drag coefficients and the electrodynamic
drift velocity are on the interface levels.

The terms with the neutral velocity are added to the left hand side in units
of [1/s].

3 5 )\t,mid )\t,mid
Q' =Q +e~ <_)\’”f,mid Ai%m) (3.31)
yo vy
The horizontal advection terms in zonal direction —v! - Vu!, and meridional
direction —v!, - Vo! are added to the right hand side in units of [cm/s?].

3 2 =V -Vl 2, -z _ufz%uq? - Ufza;%
RHS? = RHS? + ¢ nt VUn) _ RHS? + e 26 n
-V - VU _ut GV gt 9

(3.32)

The advection term is calculated in the subroutine advec by taking the
fourth order stencil for the derivative. The average velocity is denoted by

w9 = Lun (¢ + Ag,\) + un (¢ — Ap,N)) and 129 = L(u, (¢ + 206, )) +
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un(p—2A¢, N)). The same is done for the meridional velocity v,, which leads
to 02 = (v, (P, A + AX) 4+ va(h, A — AN)) and 0279 = L(v, (¢, A + 2AN) +
Un (0, A — 2AN)). The discrete advection of the zonal velocity for the point

(P, A) is

8un 1 2 s B B B
T 0N = e (R (6.0) [0+ 80, 0) (6 — A6, V)
1
12A¢u2‘”’9(¢, A) [un(9 + 240, N) — un(¢ — 240, N)]) (3.33)
and
8 n 1 2
(0N =GRy (0 0) (6. A+ AN) — (9,4 — AN)] -
1
AT (0. 0) [ua(6, A+ 28%) — (6, A —2AN)]) (3.34)
O0n ! w9 Ad, \ Ap, A
una—¢(¢> ) RECOS)\(SAQb (¢a ) [’Un(¢ + ¢7 ) - /Un(¢ - ¢a )] -
12A¢u2‘”’9(¢, A) [on( + 240, N) — vn(¢ — 240, N)])  (3.35)
and
8vn 1,2
(¢7 ) RE(BA)\ ng(d)v )‘) [Un(¢7A+A/\) _Un(d)v)‘_A/\)]_
A0 a9 A 2AN) — (6,1~ 28N)]) (336)

The advection term is calculated at midpoints and is in units of [cm/ s?].

t+AL
The 8. term is due to the horizontal momentum in /gonal direction 2 un "oy tan A

and the meridional one E:E z tan X. These terms are added to the left hand
side G matrix in [1/s].

0 ~ Y tan )
Q=Q +e | Ry (3.37)
o= tan A 0

7777 in the code it’s +;—3}; tan A is this due to northward/meridional direc-
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The pressure gradient term in gonal and meridional direction,is — o };OS S dq’;;m*
and —R—IE dq)j)\m* (9. term) which is added to the right hand side matrix RHS
in units of [em/s?]
1 dpttats
RHS® = RHS? + ¢~ <_RE o) 3% ) (3.38)
Rp  d\

The geopotential is calculated in subroutine glp. The input to subroutine
glp is summarized in table 3.8. The output of subroutine glp is summa-
rized in table 3.7. The parameters are summarized in table 3.10. Firstly, an
average temperature T, is calculated by using

T, = T! + wgt x [—2T¢ + T4 4 T4 (3.39)

The mean molecular weight is determined at the midpoints by

m(k + %) = 0.5 % (m(k)ym(k + 1)) = m™ (k) (3.40)

The geopotenial is defined by the hydrostatic equation

9o RT,
— = 3.41
0z m ( )
which is integrated from the bottom of the model to the top.
(k) = 2 () = / o N7 (3.42)
kbot gm

in units of [em] with & = Zg, the gas constant R* in [erg/K /mol], and the
mean mass m in [g/mole]. The geopotential height uses already an mix of
neutral temperature, which includes 772! and there it’s neither 2! not z/+4%.
27?7 check units???. Note that z* = 22 is at the interfaces, since the value
which is integrated is on the midlevels.

The derivatives are determined in subroutine dldp by taking the fourth
order derivative. In gonal direction the beforg calculated geopotential height
Z"TA s used while in Jatitudinal direction the updated geopotential height
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24 s applied.
dz* N X
oAG [2%(d + 240, \, 2) — 2%(¢d — 240, A, 2)] (3.43)
dz* . X
oAd [25(, A+ 24N, 2) — 2" (P, A — 2A), 2)] (3.44)

in units of [em]. The derivatives are the transfered from the interface levels
to the midpoint level by

mdgb(d’“)—g m[ P GRER ¢(¢,A,2+Az)]
(3.45)
1 do 1 1 [dz d .
R_Eﬁ(d)’ A z) =59 T { (6,4, 2) + —-(9, A, z+Az)] (3.46)

which is in [em/s?]. 7?7 check the gravity term g, is this to get from z to
ph he periodic points are set to zero.

The final term is the vertical advection term —W?T4¢ d“g;m and — WAt d“;;m
The terms are added to the left hand side matrix P and R in [1/s]

_ ymidit+At 0
P3 — P2 + e 7 ( 20z Wmid,t+At) (347)
0 - 2Az
szd,t+At 0
R3 — R2 + e ? ( 2Az ,Wmid,t+At) (348)
0 t 2Az

The lower boundary is taken into account by extrapolating the values of the
matrix P

1 1 1 1
P(zpot — éAz)v(zbot — §Az) = 2P (zpot) Ve — P(2por + éAz)v(zbot + §Az)

(3.49)
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with zp: + %Az on the midpoint level having the height index 1. The value
P (2p0t) is set to P(zpor + %Az), and the neutral velocity at the lower boundary
is v(zbo,;\ = vg. Therefore, substituting the lower boundary condition into
the equation leads to

1 1 1

Q(Zbot —+ §AZ)* = Q(Zbot -+ §AZ) — P(Zbot + §AZ) (350)

1 1 1
RHS(ZbOt -+ §AZ)* = RHS(ZbOt -+ §AZ) — QP(Zbot + §AZ)VLB (351)

1
P (201 + 5482) =0 (3.52)
At the upper boundary it’s assumed that
1 1 1 1

R(z0p — §Az)v(zt0p + §Az) = R(2t0p — §Az)v(zt0p — §Az) (3.53)

with 2y, — %Az on the midpoint level corresponds to the height index nlev.
This which leads to

1 1 1

Q(Ztop — §AZ)* = Q(Ztop — éAZ) — R(Ztop — §AZ) (354)
1

R(Ztop — §AZ)* =0 (355)

77?7 check all the indices with k etc...??777 A tridiagional solver is called in
subroutine trsolv. It solve the generic equation

p(k,i) xv(k —1,4) + q(k, i) xv(k,i) + r(k,i) « t(k 4+ 1,7) = rhs(k,i) (3.56)

with p(k,7) being the (i,j) element of the matrix P, ¢(k,7) of the matrix
Q, 7(k,i) of the matrix R, rhs(k,i) of the matrix RHS, and v(k, ) of the
neutral velocity vector v,. The lower boundary at z,; = zrp of the neu-
tral velocity is stored at the top level nlev 4 1 since this height is above the
upper boundary anyway. The upper boundary pressure level is —7 which
corresponds to z,. The neutral velocity is only calculated from 2y, + %Az
to Zop — %Az. Note that the lower boundary is at p — lev = —7, and all
the other values of the neutral velocity are on the midpoints which means at
p —lev = —6.75,—6.25, —5.75....5.75,6.25,6.75.

The calculated values for the neutral velocity u“P'+4t and vuPi+AL are
smoothed by a Fast Fourier transformation. All the wave numbers larger


aburns
Inserted Text
)


36 CHAPTER 3. NEUTRAL DYNAMICS

than a predefined value at each latitude are removed. The wave numbers
are defined in the module cons.F. The values of the neutral velocity at the
timestep ¢ are also updated by using

1

U = 5 (1= Como) (i + WIEEE) - Comott (3:57)
1

’Uzpd’t = 5(1 - Csmo)(Uf;At + Uzg%:At) + Csmovfl (358)

with cgme = 0.95
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‘ physical field variable ‘ unit ‘ pressure level ‘ timestep ‘
neutral  tempera- T, K midpoints t
ture
neutral  tempera- Ti-At K midpoints t— At
ture
neutral  tempera- At K midpoints t+ At
ture
neutral zonal veloc- Up em/s midpoints t
ity
neutral meridional Up cm/s midpoints t
velocity
neutral zonal veloc- ul=At em/s | midpoints t— At
ity
neutral meridional plmAt em/s | midpoints t— At
velocity
dimenionsless verti- Wi—at 1/s interfaces t+ At
cal velocity
geopotential height z cm interfaces t+ At
zonal  horizontal hau em/s* | midpoints t— At
diffusion
meridional horizon- R em/s* | midpoints t— At
tal diffusion
zonal electrody- VEzB 2 em/s interfaces t
namic drift velocity
meridional electro- VEzB,y cm/s interfaces t
dynamic drift ve-
locity
ion drag coefficients || Azz, Azy, Ayy, Aya 1/s interfaces t+ At
(geographic  direc-
tion)
molecular viscosity K g interfaces t
mean molecular m g/mol | interfaces t+ At
weight

Table 3.6: Input fields to subroutine duv
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physical field H variable ‘ unit ‘ pressure level ‘ timestep ‘
neutral zonal veloc- || u?®*+5t [ ¢m/s |  midpoints t+ At
ity
neutral meridional | v4*At | em/s | midpoints t+ At
velocity
neutral zonal veloc- ubt | em/s | midpoints t
ity
neutral meridional vt | em/s | midpoints t
velocity

Table 3.7: Output fields of subroutine duv
physical field H variable ‘ unit ‘ pressure level ‘ timestep ‘
neutral  tempera- T, K midpoints t
ture
neutral  tempera- | T!4 K midpoints t— At
ture
neutral  tempera- | TITA! K midpoints t+ At
ture
geopotential height z cm interfaces t+ At
mean  molecular m g/mol | interfaces t+ At
weight

Table 3.8: Input fields to subroutine glp
physical field H variable ‘ unit ‘ pressure level ‘ timestep ‘
zonal derivative of || z—— ‘%gf” cm/s* | midpoints | t+ Atx
geopotential
meridional deriva- o e 2 em/s* | midpoints t+ At
tive of geopotential

Table 3.9: Output fields of subroutine glp i.e. subroutine dldp

variable H value ‘
Az 0.5

wgt 0.225

g 870cm /s>

R 8.314e7erg/ K /mol

Table 3.10: Parameters of subroutine glp i.e. subroutine dldp
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‘ physical field H variable ‘ unit ‘ pressure level ‘ timestep ‘
neutral  tempera- T, K midpoints tn
ture
mass mixing ratio Vo, — midpoints tn
Os
mass mixing ratio Vo — midpoints tn
O

Table 4.1: Input fields to subroutine cpktkm

‘ physical field H variable ‘ unit ‘ pressure level ‘ timestep
specific heat C, 777 | interfaces bt
molecular viscosity 1 777 interfaces b+
thermal conductiv- Kr 7777 interfaces t,
ity

Table 4.2: Output fields of subroutine cpktkm

4.1 Calculation of Kr, u, C, /

The input to subroutine cpktkm is summarized in table 4.1. The output
of subroutine cpktkm is summarized in table 4.2. The mean mass at the
midpoint level is determined by

1
m= (4.1)
Yo N U,
mor ¥ mo T mne

with Uy, =1 — Vo — Up,. The following values are calculated

P(O,) = mmo (4.2)
P(0) = mi—z (4.3)
P(N,) = miNQ (4.4)

The molecular viscosity is

p=1[4.03- P(Oy) +3.42- P(Ny) + 3.9 P(O)] T?% . 107° (4.5)
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The thermal conductivity is
Kr = [56 - (P(O3) + P(Ny)) +75.9 - P(O)] T>% (4.6)

Note that the value Ty is set to zero in the cod@he specific heat is

C, = %R* 3—7213(02) + 2—78P(N2) + %P(O)} (4.7)
with R* the gas constant. At the upper boundary the values are set to
Ko (200 + %Az) 56 (P(Oy) + P(Ny)) + 75.9 - P(O)]
T9% (21 — 5A2) (48)
121y + %Az) — [4.03 - P(Oy) + 342 - P(N,) + 3.9 - P(O)]
T2 (240p — %Az) 107° (4.9)

and all the other values at 2, + %Az, and only 7T;, at a level below 2z, — %Az.
The values are then transferred to the interface level by averaging

Kr(2) :%(KT(Z + %Az) + Kol — %Az)) (4.10)
() = (u(z + 3A2) + u(z — 5A2)) (4.11)
Cy(2) =5 (Cplz + 522) + Gylz — 3A2) (4.12)

with z having the height index k on the interface level, z + %Az has the
index k, and z — %Az has the index k£ — 1 on the midpoint level. The lower
boundary is extrapolated by

1
Op(zbot ZZCp(Zbot + §A2) - Op(zbot + AZ) (413)
1
KT(Zbot :2KT(Zbot + QAZ) — KT(Zbot + AZ) (414)
1
1 zZbot =241 zZpor + éAz) — p(2pot + A2) (4.15)

(4.16)
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‘ physical field H variable ‘ unit ‘ pressure level ‘ timestep ‘
neutral  tempera- T, K midpoints tn
ture
neutral  tempera- | T!A¢ K midpoints tn — At
ture
neutral zonal veloc- Up em/s midpoints tn
ity
neutral meridional Up, cm/s midpoints tn
velocity
mass mixing ratio Vo, — midpoints tn
Oy
mass mixing ratio Yo — midpoints tn
@)
mean molecular m g/mol interfaces tn + At
mass
specific heat Cp % interfaces t,
molecular diffusion ky —d interfaces th
molecular viscosity km - interfaces tn
horizontal diffusion har o midpoints t, — At
J oul(jz heatlng Qir %‘; m¥dp0}nts tn
implicit cooling Limp I midpoints tn
explicit cooling Leyp = midpoints tn
dimenionsless verti- || WAt 1/s interfaces t+ At
cal velocity

Table 4.3: Input fields to subroutine dt

4.2 Thermodynamic equation /

The input to subroutine dt is summarized in table 4.3. The output of
subroutine dt is summarized in table 4.4. The module data of subroutine
dt is summarized in table 4.5. The thermodynamic equation is solved to get
the neutral temperature

oT, gef 0 ([ KpoT, 9 g 10T
_9e 9 Jhr Kpi?Cop | L+ L0y v,
Ji pocpaZ{H 07 pp{cﬁﬂaz v
OT, RT,\ Q<r—e L
W _ pim 4.17
<az * cpm) LG (4.17)
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‘ physical field H variable ‘ unit ‘ pressure level ‘ timestep ‘
neutral  tempera- | WAL [ K midpoints tn + At
ture
neutral  tempera- Tupdt K midpoints tn
ture

Table 4.4: Output fields of subroutine dt

‘ physical field H variable ‘ unit ‘ pressure level ‘ timestep
haeting from solar Qqr; e interfaces tn
radiation

Table 4.5: Module data of subroutine dt

with 7, the neutral temperature, ¢ the time, g the gravitational accelera-
tion, C, the specific heat per unit mass, py the reference pressure, Kr is the
molecular thermal conductivity, H is the pressure scale height, K is the
eddy diffusion coefficient, p is the atmospheric mass density, v,, is the hori-
zontal neutral velocity with the zonal and meridional components u,, and v,
W is the dimensionless vertical velocity given by W = %7 R* is the universal
gas constant, m is the mean atmospheric mass, and () and L are the heating
and cooling terms.

The local time variation of the neutral temperature is determined by the heat-
ing and cooling terms on the right hand side of the thermodynamic equation.
The first term is the heat transfer by vertical molecular heat conduction and
adiabatic heating or cooling due to eddy diffusion. The second term is the
heat transfer due to horizontal advection, and the third term is the adiabetic
heating and cooling caused by the vertical winds. The last terms accounts
for all the other heating and cooling term

To make it more easy to compare with the code we write the thermody-
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namic equation with the implicit and explicit terms

TEFAL T8 ge* ) {(KT KEHQCpp) 8T£+At}+

2At poCp 07 H H 07z
ge: 0 2 t ¢
KpH*Cp—= ¢ — VT — 4.18
e AL RN SR CH (418)
oT. R*Tt-I—At Qea:p e? Lexp ]
Wt—l—At no Wt-I—At n . LzmpT;;—l—At

0z C,m c, C,

The terms are ordered now by left and right hand side, and the whole equa-
tion is multiplied by %

Cp Tt—At,smo ; ot Qe;rp — % Lexp
~p ) _“Tn . Tt Wt—l—At no_ —
= { A Ve Vet 97 c,
o K aTt—i—At
i 9_2 KEHQPTé-I—At 4 % _T7€+At o wt-l—At R*T;;:At . LimpTé—f—At
0Z \po T¢ e? 2At c,m

We first describe the known terms on the left hand side. The horizontal
advection v VTt is calculated similar to the horizontal advection in the
momentum equation in chapter 3.3 equation (3.3) and following.

The advection term is calculated in the subroutine advec by taking the
fourth order stencil for the derivative. The average velocity is denoted by
ut (P, A) = 3(un(¢ + AP, A) + un(d — Ag, A)) and u2*9(p, \) = 5 (un(¢ +
200, A) + un(¢p — 2A¢, A)). The same is done for the meridional velocity v,
which leads to v2%(¢, A) = 5(vn (P, A+ AX) +v,(d, A= AN)) and 0279 (¢, X) =
2 (Un (9, A+ 2AX) + v, (¢, A — 2AN)). The horizontal advection of the neutral
temperature is

t Tt — 1 2 avg t _ gt _ _
Tagtn (@) [Lu(o+ 280, 3) ~ T(6 = 286, )]+
1 2 LV _ B _
(g (6.3) [T4(6 A+ ) ~ Th(6, A — A

S (0,) [Th(6. A4+ 280) = Ti(6, A = 2AN)])  (4.20)
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in unit of [£] the values are determined at midpoints.

The vertical advection term W42 s calculated by

L) {Té(z n %Az) Tz — —Az }
)=

WA (2 + Az) {Tﬁ(z + gAz) Tz + Az)]

IT!(2) T (2 + Az)

Wt-l—At (Z) 7

% + WA (2 + Az)
3T‘“’gt(z + lAz
0z
It takes the average between the values at the level z and z + Az. Note
that 7}, is on the midpoints levels z + %Az etc. The vertical advection is

determined at midpoints and has the units [£].

1
WawgtHAL (4 QAZ) (4.21)

—At,smo
The next term is from the time derivative of the neutral temperature _ L 5 At ;

The smoothed value is calculated similar as in the momentum equation in
chapter 3.3 in equation (3.22).

%ﬂ;ﬁiojh :f(¢a )‘) - Cshapiro(f(¢7 A + QA)\) + f(¢, A — QA)\)—
A[f (9, A+ AX) + f(¢, A = AN+ 6f(d, A)) (4.22)
Somad " =merid = Cshapiro(frnria (& + 206, X) + frE" (6 — 286, X)—

A [freid" (& + D0, N) + freia" (& — Db, N)] + 6fmeria" (o, ())

23)

with f = T!=A* which leads to T\=Atsme,

The heating terms are added together. First the terms from the solar
radiation, which are calculated in subroutine qrj.

Qsolar = Qruv + Qsenr + Qo (4.24)
(4.25)

with Qgerar(z + %Az) = %[nglm(z) + Qsolar (2 + Az)] to calculate the value
on the midpoint level z + %Az. The solar radiation has contributions from
the EUV and from the Schuhman Runge band, and the O7777.

Q = Qsotar + 1.5Qun + har + Qor + Qmad (4.26)
(4.27)
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with the Joule heating term denoted by ),y which is multiplied by 1.5 to
take the heating due to the small scale electric field into account. The hori-

Ny {poe_zm \Ifo} 2

Qor = frr R (4.28)

with the Boltzman constant kg = 1.38 - 10_16687;‘;9, and fr = 5.1leV =

5.11-1.602 - 10~ ?ergs, which is the surplus heating and set in subroutine
cons. The loss of O to Oy is captured by 71, and set in the source code file
chemrates.F according to Dickinson et al. 1984.

Ouy = gimKmid ouy, 2+ v, 2
™ R e—TE | \ 07 o7

e gmK mid ou, \ 2 v, \ >
mi (' (V)

with the gas constant R* = 8.3141&%7 95 and + = L. The vertical change

(4.29)

Kmol H = R*T,°
in the neutral velocity is calculated by
du 1 U (2 + 2A2) —u, (2 — LA2)
2on ZAz) = 2 2 4.31
A 27~ (4.31)
dv 1 vp(z + 3A2) —v,(2 — LA2)
— —Az) = 2 2 4.32
A N (432)
At the lower boundary the derivative is determined by
du,, 1 1 1 3 4
W(ZLB) = (un(zLB + éAz) + gun(zLB + §AZ) — gun(zLB)) (4.33)
dv,, 1 1 1 3 4
%(ZLB) = (vn(zLB + iAz) + gvn(zLB + éAz) — gvn(zLB)) (4.34)
At the top the derivatives are set to
du, 1 du,,
W(Ztop - AZ) = gﬁ(zwp - 2AZ> (435)
dv, 1 dv,,
ﬁ(zwp — AZ) = gﬁ(zwp - 2AZ> (436)
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All the terms of the right hand side are added together which leads to

or LthAt,smo

C
H _p t . Tt t+At
RHS =, [" VI W57 ~aa !

} - efZQexp 4 [exp
(4.37)

Next we discuss the terms on the left hand side starting with the second

derivative terms aaz { L (KT + KEHQCpp) Ly } In the source code and

in this description we substltute for snnphmty e = HLpo (% + KgH 2Cpp).
First the mass density p and the scale height H are calculated. The neutral
temperature at the interface level is

1
Tﬁ(z) D)

{Té(z — %Az) + Tz + %Az)] (4.38)

and the scale height H is

R*T!(2)
H(z ° 4.39
(2) )9 (4.39)
and the mass density p
poe *m(z) P
= = 4.4
P2 = T Ay (4.40)

with the pressure p = poe~Jo “'/H At the boundaries the values are set to

Té(zLB) = Tﬁb,LB (4.41)
1
TZ(ZtOp) = Tyi(ztop — éAZ) (442)
RTt(ZLB)
H(z = "7 4.43
g ( LB) m(ZLB) ( )
R*Tt (Zt )
H Zto = _n70p 4.44
g ( tp) m(ztop) ( )
poe_zLB 1
= 4.45
PLE =" =055% H(215)g (4.45)
poe” tor 1

o 1.46
Piop = " Z05Az H(2109)9 (4.46)
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Tt+At

The second derivative = { Je } is approximated at midpoint level by

t+At
0 {caTn (z+%Az)}~ TG - LAt

0z 07 Az?
1
THAY (2 + §Az) {=gc(z+ Az) — g(2)} +
TRz + gAz)gc(z + Az)] (4.47)

Note that g. are calculated at the interface levels z, z + Az... and the neutral
temperature is on the midpoint level. For a derivation of the discrete second
order derivative we refer to chapter 3.3 equation (3.26).

The first order derivative -2 {go Kpl?p Tt+At} is expanded by ryte

BY4 T TL The

term £ KETH £ is substituted by f. with f in the source code denotes f = %.
The first order derivative is determined by

o 1
oz U 4 ghe) ey ETTH( — A9 fe(e)+

T %Az) f fc(z FAZ) - L))+
THAN 2 4 gAz) fo(z + A2))] (4.48)

Note that f. is on the interface level, and the neutral temperature on the
midpoint level. The first order derivative derived from

OfTH+At 1  flz+ A)THA (2 + Az) — f(2)THA(2)
o7 Ftgha) = As

with the values at the interface level TE2!(2) = 1(TH A (z— L Az)+ T4 (24
$Az)) and T2 (2 + Az) = S(TE2 (2 + 3A2) T2 (2 + 3 A2)).
The tridiagonal solver need the equation in the following form:

(4.49)

Pk, )Tk — 1,0)+Q(k, ) T2 (K, 4)+
R(k, )T A (k +1,4) = RHS(k, 1) (4.50)
with the height index k for z+ %Az, k+1 for z+ %Az, and k—1 for z — %Az.

The longitude index is denoted by i. Note that the equation is solved at each
latitude \ with the index j.
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The left hand side terms discussed above are sorted according to the height
index which leads to

P(k,i) = ge(k,i) — fe(k, i) (4.51)
Q" (k,i) = — ge(k +1,4) — ge(k, i) — feo(k,i) + f(k +1,1) (4.52)
=g.(k+1,0)+ f(k+1,9) (4.53)

At the upper boundary the values are set to

1
R(Ztop — §AZ) =0 (454)

1 1 1
P(zt0p — §Az) = gc(Ztop — §Az) — [ (Ztop — §Az) (4.55)

Q(Ztop - %Az) = - gc(ztop - %Az) - f(ztop - %Az) (456)

The right hand side is

_ rymid _—z t t t+At% 1 t—At,smo
RHS _Cp (& |:vann —+ w 0z — ETTL —

e QP L (4.57)

At the height level k the following terms are added to @)

(1 , 2R
Q(k,i) = Q*(k,i) + CJ"™ {E + L””P} + w"”d% (4.58)

with the values at the midpoint level C"%(z 45 + Az) = Cy(2) 4+ Cp(2 + Az)
and w™4(z + 3 + Az) = w(z) + w(z + Az). At the lower boundary the
following condition is used

1 1 1 1
P(ZbOt o §A2)Tn(zb0t - §AZ) = 2P(2b0t>Tn(ZLB) - P(Zbot + §AZ>Tn(2bot + §AZ)
(4.59)

1
P(Zbot + §AZ) =0 (460)

with zpe: + %Az corresponding to the midpoint level and the height index
k= 1. P(zpy) is set to P(zpor + %Az), and T,,(zpe¢) 18 equal to the lower
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boundary with the value T,,(zyg). This which leads to

1 1 1
Q" (2ot + §Az) = Q(2pot + §Az) — P(2pot + §Az) (4.61)

1 1 1
RHS*(ZbOt + §A2) = RHS(ZbOt + §AZ) - ZP(ZbOt + §A2)T£(2LB) (462)
1
P*(Zbot + §AZ) = 0 (463)

Solving for the neutral temperature at each latitude leads to the updated
neutral temperature T4 +4% at the midpoints. The lower boundary of the
neutral temperature is stored at the top level with the height index nlev + 1
which is above the upper boundary of the model with pressure level —7 .
Note that the lower boundary is at pressure level —7 which is 2, o1 215,
however all the other values of the neutral temperature are on the midpoints
which means at the pressure levels —6.75, —6.25, —5.75....5.75,6.25,6.75. The
calculated values for the neutral temperature T4+ A% are smoothed by a
Fast Fourier transformation. All the wave numbers larger than a predefined
value at each latitude are removed. The wave numbers are defined in the
module cons.F. The values of the neutral temperature at the timestep ¢,, are
also updated by using

n,5Mo

1
T:,pd,t _ 5(1 . Csmo)(TéiAt + Tupd,tJrAt) + CsmoTé (4.64)

with cgme = 0.95



Chapter 5
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5.1 Calculation of chemical reaction rates /
The chemical reaction rates can be found in [10], and [11] In this module the
time independent reaction rates are set as module data. The time dependent

rates are calculated in the subroutine chemrates_tdep. First we describe
the time independent rates for the ion chemistry:

5.1.1 Module data

OT(?P)Q >> kyy > O + hv(2470A) kg = 0.047

—_ = =
[N

(

(
OT(2P)Q >> kyy > O + hv(7320A)kyy = 0.171 (
OT(*D)Q >> Koz > No??7??7 + 0+ 1.33¢Vky3 =8.0- 107" (5.13

Ot(PD) +0Q >> kyy >  OT(*S) +e+3.31eVky =5.0-10""2 (
OT(’D) + 0@ >> ko > Oy + O + 4.865eV kg = 7.0-10717 (
Q >> koy > kor =7.7-107°  (

Of + N(*S)Q >> ky > NOt 4+ 0 +421eVk, =1-107" (5.1)
Of + NOQ >> ks >  NO' 4+ 0y +2813eVks =4.4-1071°  (5.2)
Nt +0,@ >> ks> OFf + N(*S) +2.486eVkg = 4. - 1071 (5.3)

NT +0,Q >> k7 > NO" + 0 +6.669¢Vk; = 2.- 1071 (5.4)

Nt +0Q >> kg > Ot + N +0.98Vkg =1-10"" (5.5)

Ny + 0,@ >> kg > OF + Ny +3.52eVky = 6. - 1071 (5.6)

Ot + N(’D)@ >> kg > Nt 4+ 0 +1.45eVk=13-10"" (5.7)
Ot (2P) + NoQ >> kg > Ny + O +3.02eVkyg =4.8-107"  (5.8)
Ot (?P) + NoQ >> ky7 > Nt 4+ NO+0.7eVk;; =1.0-1071%  (5.9)
OT(*P) 4+ 0Q >> kg > Ot +0+5.2eVkig=4.0-10"" (5.10)
5.11)

5.12)

)

)

)

)

The time independent rates for the neutral chemistry are

N(D)+ 0,Q >> 3, > NO+O('D)+1.84eV 3, =5.-107"2  (5.17)
N(D)+0@>>3,>  N(*'S)+0+238Vp,=7.-10""  (5.18)
N(*D)+ NOQ >> 35 > Ny + O +5.63eV3=7.-10""  (5.19)
N(*D)@ >> f3; > N(*S) + hvpy =1.06-107°  (5.20)

(5.21)
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The temperature dependent rates are calculated at every timestep and every
latitude. For the ion chemistry these reaction rates are:

Ot 4+ 0@ >> ky > O + O3 + 1.555eV (5.22)
OF + Ny@ >> ky > NO™ + N(*S) + 1.0888¢eV (5.23)
Ny +0Q >> k3 > NOY + N(*D) +0.7¢V (5.24)
NOT +e@ >> a; > 0.2[N(*S) + O + 2.75¢V] (5.25)
0.8[N(*D) + O + 0.38¢V] (5.26)
OF +e@ >> qay > 0.15[0 + O + 6.95¢V/] (5.27)
0.85[0 4+ O + 4.98¢V] (5.28)
Ny +eQ >> a3 > 0.1[N(*S) + N(*S) + 5.82¢V] (5.29)
0.9[N(*D) + N(*D) + 3.44¢V] (5.30)
(5.31)

The time dependent reactions for the neutral chemistry are
N(*S) + 0,@ >> 3; > NO + O + 1.4eV (5.32)
N(*S)+ NOQ >> 3 > Ny + O + 3.25¢V (5.33)
N(*D) + €@ >> 35 > N(*S) + e+ 2.38¢V (5.34)
NO + hv@ >> [z > N(*S)+ 0O (5.35)
NO + hv|ry—o@ >> By > NOT +e (5.36)
Q >> [y, > (5.37)
Q>> 7 > (5.38)
Ot(°P) + €@ >> kg > O*(*9) + e+ 5.0eV (5.39)
OT(*P) + €@ >> kyy > O'(?0) + e +1.69¢V (5.40)
Ot(?D) + eQ >> ko5 > O"(*1S) + e+ 3.31eV (5.41)
O+ 0O+ NyQ >> k10 > Oy + Ny + 5.0eV (5.42)
tvib (5.43)
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5.1.2 Calculation of time dependent reaction rates

The time dependent rates, mentioned in the previous section 5.1.1 are calcu-
lated in the subroutine chemrates_tdep. The temperatures are set by

1 2 1
Ty =— (2T, + =T,
! 300(3 *3 )
1
T, =——(0.63637T; + 0.3637T,
3 300(06363 + 0.3637T},)
11
Ty =——(T; + T,) (5.44)

2300
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with T;, T, and T,, denoting the ion, electron and neutral temperature, re-
spectively.

ki =1.6- 10717702 4 5.5 . 107 e 2285/T (5.45)
k; =(8.6-1071"T —2—5.92-107")T, + 1.533- 712 (5.46)
et —e3353/tn
ko =[({[(270.€" + 220.)e’ + 85]e" + 38}e'+

Dkse! + k3)(1 — € (5.47)

1
by =5.2- 107179 *for 5 (T + T,,) > 1500K

1
ks =1.4- 10—10T3—0-44for§(7; +T,) < 1500K

(5.48)

k19 =4.107°4/300/T, (5.49)
koo =1.510""4/300/T, (5.50)
kos =6.6107%4/300/T., (5.51)
K12 =9.5910 34180/ T (5.52)
ay =4.21077(300/T,)%% (5.53)
as =1.61077(300/7,)%% T, > 1200 K
ap =2.71077(300/7,)*" T, < 1200K (5.54)
as =1.81077(300/1,)%%* (5.55)
/81 :1‘510—116—3600/7‘77. ( )
B3 =3.4107"\/T;, /300 (5.57)
Bs =3.61071°4/T./300 (5.58)
(5.59)

Fio.z — 65 ~8 0.
Bs =4.57%(1 + 0.11%)6*“0 O3 flg

with F'nO, the O, line integral from chapman.F, F"Nv(O, the column number
density of O from chapman.F, and fls denotes the flux variation due to
orbital excentricity (from init module. The 10.7 cm flux is denoted by
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Fior — 65 .

By =2.9110" (1 + 0.2%)210*1861*8-10 HmOz f1 (5.60)
Fiozr — 65

Bon =5107(1 + 0.2—2T )21~ 1818107 Fne0z gy g (5.61)

100
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physical field H variable ‘ unit ‘ pressure level ‘ timestep ‘
neutral  tempera- T, K midpoints tn
ture

mass mixing ratio Yo, — midpoints tn
Os

mass mixing ratio Uy — midpoints tn
O

mean molecular m g/mol interfaces tn + At
mass

number density of n(O") #/cm® | midpoints tn
O+

number density of n(O™T) #/cm?® | midpoints tn
OtitntAt

number density of || n(N(*D)) | #/cm?® | midpoints tn
N(2D)

number density of n(NO) #/cm?® | midpoints tn
NO

number density of n(N(1S)) #/cm? | midpoints tn
N(19)

number density of || n(XIOT(2P)) | #/cm?® | midpoints | ¢, + At
XI0+(P)

number density of || n(XIO"(?D)) | #/cm?® | midpoints | ¢, + At
XI0*(>D)

Table 5.1: Input fields to subroutine elden

5.2 Calculation of electron density N,, NT,
NS, NO* /

The input to subroutine elden is summarized in table 5.1. The output
of subroutine settei is summarized in table 5.2. The module data of
subroutine elden is summarized in table 5.3.

The electron density is calculated by

N, =n(0O") +n(Ny) +n(N') +n(0F) + n(NO™) (5.63)
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physical field

H variable ‘ unit ‘ pressure level ‘ timestep ‘

number density of
N+

number density
Ny

number density
NO™*

number density
O3

electron density

of

of

of

n(NT)

n(N)

#/cm?
#/cm?
#/cm?
#/cm?
#/cm’

midpoints
midpoints
midpoints

midpoints

midpoints

t, + At
t, + At
tn 4+ At

tn + At

tn 4+ At

Table 5.2: Output fields of subroutine elden

physical field

H variable ‘ unit ‘ pressure level ‘ timestep

QRJ: heating due
to NT

QRJ: heating due
to NO*
CHEMRATES:
constants???
CHEMRATES:
constants???

Q(NT)
Q(NOT)
k;

Bo

77

77

77

77

interfaces t, 777
interfaces t, 777
midpoints — 77
interface — 777

Table 5.3: Module data of subroutine elden

with
n(0OF) =F (5.64)
D
+\

"N =5 (5.65)
n(N*) =G (5.66)

B+ AP _

+\ E’+a3Ne
nO5) == (5.67)

E'D - HD B+ HD 1

n(NO*) = A+ ¢ i (5.68)

E,+063N—6+C+062N—6E/+063N6 OélNe
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This leads to an fourth order equation

asN} + agN? + agN, + a; N, + a9 =0 (5.69)

with
gy =0 Q03 (5.70)
as = (O[QE, + 0630) - OéloégOég(F + G) (571)

az =1 B'C — oy (o' + a3C)(F + G) — ayaeD — apasA — ajasB - (5.72)
ag=—oy [E'C(F+G)+ DC+ BE'+ HD| —

az [E'"(A+ D) — HD] — a3C(A+ B) (5.73)
4 = — E'C(A+ B+ D) (5.74)

and

A =Q(NO™) + kon(OM)n(Ny) + krn(N)n(Os) + Bon(NO)  (5.75)
B =Q(0y) + kin(0") +n(0s) + ken(N")n(O2)+

C =kyn(N(*S)) + ksn(NO) (5.77)
D =Q(N5) 4 n(Na) [k1gn(xiO* (*P) + kagn(ziO* (*D))] (5.78)
E =ksn(0) (5.79)
F =n(O7") (5.80)
G =n(NT) (5.81)
H —kyn(05) (5.82)
E'=FE+H (5.83)
Then the electron density is
D HD
Ne=F+ ————
¢ + E/+043Ne +G+ C-‘-O{gNe + (E/+043Ne)(0+062Ne)+
1 E'D—-HD B HD
A+ ¢ ¢ (5.84)

o1 N, E"+ a3zN, + C + asN, + (E" + agN)(C + asN,)
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The values A, B,C, D, E, F,G and H are evaluated at midpoint level

Az + %Az) Yoot ) + oNOH) (= + A2+

2
N N
Nm k2n(0+)t+At No + k7n(N+)ﬂ +
771]\72 mOQ
1 Vno
B [Bo(2) + Bo(z + Az)] (5.85)
myo

Bl + 3A2) =5(Q0)(2) + QUOF)(= + Az))+

Nm[kn(ON)THA 4 ken(N1)+
Yo,

kogn(ziO™ (*D))] (5.86)
mOQ
1 v T
C(z+ =Az) =N {1@1 NES) 4 ks No] (5.87)
2 My45s) myo

D(z + %Az) =fracl2 [Q(NF)(2) + Q(NF)(z + Az)] +

N [k16n(2i0T (2 P) 4 kagn(ziO*(?D)))]  (5.88)

771]\72
1 v v
E'(z+ -Az) =Nm {kg—o + ko 02} (5.89)
2 mo mo,
1
F+G(z+ éAz) =n(O%") +n(N™") (5.90)
1 v
H(z + =Az) =Nmko—22 (5.91)
2 mo,

First the conversion factor from mass mixing ratio to number density is
calculated at the midpoint level

Poe T FA (2 + Az)

The mass mixing ratio of Ny at the midpoint level is determined by

Nz + %Az) _ (5.92)

B(N,) (2 + %Az) — 1 W(O)(= + %Az) ~W(0)(= + %Az) (5.93)

The number density of N7 is
Q(NT) + kwn(O")n(N(*D))

n(NT) = (ke + k7)n(O2) + ksn(O)

(5.94)
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which is calculated at the midpoint level in the code by

[QIN)(2) + QIN') (2 + Az)] + kyon(OF) N CL)

1
2 mN(QD)

1
n(NT)(z 4+ =Az) =
(N){z +502) Nri(he + k) 0 4 £, 30

(5.95)

The quadric solver solves for the electron density N., with N, > 3 - 103
Then, the number densities of N;*, OF and NO™ can be determined on the
midpoint level

D

TL(N2+) :m (596)
HD 1
Of)=|B 5.97
w0 =B+ | o (597
D(E'—H) HD
n(NO*) e 1o <B ’ EMSNE) : (5.98)
N C -+ OéQNe OélNe '

with IV, still on the midpoint level. The electron density at the interface level
is determined by

N.(2) = \/ No(z — %AZ)NE(Z + %Az) (5.99)

with the midpoint level z — %Az denoted by index k, z + %Az then by the
height index k + 1, and on the interface level z has the index k£ + 1. The
upper and lower boundary are set by

N3(Zbot + lAZ)
N (Zpot) = = 2 5.100
(2bot) \/Ne(zbot +3A2) ( )
N3 (ztop lAz)
Ne(2iop) = - 2 5.101
(Zt P) \/Ne(ZtOp %AZ) ( )
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‘ physical field H variable ‘ unit ‘ pressure level ‘ timestep
neutral  tempera- T, K midpoints tn
ture
mass mixing ratio U(0s) - midpoints tn
O
mass mixing ratio v(0) - midpoints tn
O
mass mixing ratio U(X)tn — midpoints tn
X
mass mixing ratio U(X)tn+at — midpoints | ¢, + At
X
upward number Fupwitop #/em? Ztop tn + At
flux at  upper
boundary
diffusive vector D, 777 midpoints?? t,77?
molecular weight of my g/mole - -
species X
thermal  diffusion Dy 77?7 midpoints??? t, 777
coefficient
loss of X L 77?7 midpoints??? | ¢,7777
production of X Px 777 midpoints??? t, 777
??7coefficient of up- | AZX + BUx +C =0 | 777 Zhot t, + At
ward flux A, B,C

Table 5.4: Input fields to subroutine minor

5.3 Calculation minor species N(*S) and NO

/

The input to subroutine minor is summarized in table 5.4. The output
of subroutine minor is summarized in table 5.5. The module data of
subroutine minor is summarized in table 5.6. Since the minor species
N(*S) and NO have longer life times, the neutral wind transport effects
have to taken into account. The governing equation is (see [?]) Roble et al.
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‘ physical field H variable ‘ unit ‘ pressure level ‘ timestep ‘
mass mixing ratio | W(X)iupd — | interfaces??? tn
of species X
mass mixing ratio | W(X)tAturd | — | interfaces??? | t, + At
of species X

Table 5.5: Output fields of subroutine minor

‘ physical field H variable ‘ unit ‘ pressure level ‘ timestep
background eddy Kg 777 interfaces —
diffusion

Table 5.6: Module data of subroutine minor

1988
o)
+SU—R— vn~V\f1+an—§
+ € [eZKE (a% + %g—?) \If] (5.102)
with
E= (1—%—%2—?) —d%%juﬁﬁf (5.103)

The vertical molecular diffusion coefficient is A, the production term is S,
the loss term is R, the term E includes the effects of gravity, thermal dif-
fusion and friction with the major species on the vertical profile of the two
species????. The matrix operator for frictional interaction is F , the thermal
diffusion coefficient is &, and the molecular mass is m.

The temporal change in the mass mixing ratio on the left hand side of
eq.(5.102) is equal to the vertical molecular diffusion which is denoted by the
first term on the right hand side, the production and loss of the minor species
(term two and three in eq.(5.102)), the horizontal and vertical nonlinear
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advection term (fourth term), and the vertical eddy diffusion (fifth term).
The temporal term and all terms dependent with Z derivatives are treated
implicit. The solver needs the equation in the following from

pkqjl];n_—liAt + Qk\:[li;n-i—At + qujllch—lAt — fk (5.104)
Tm?? \ Ty

(7777where is this in the code???). The equation 5.102) can be rearranged
and multiplied by e™* which will lead to

t+At
e ? \Ijn + gAn |ii o En:| qjtJrAt

_ 0.25
27?77 what is P, midpoints? ¥;_; midpoints???? with A, = 12 <h) 1

2At 07 07 "
oAt 9 0 1 om
-z —z _ YK v e \Ijt+At —
¢ bt e W 9 E{aZ +maZ}
\I,t—At
—e’R—e¢*{v, VU} 4~ N, (5.105)
The second term is discretized by
9 O cerar 1 1 At
aZAnaZ\I/n A {A,(z QAZ)\I/ (z — Az)
1 1
A (z+ §Az) + An(z — éAz) WA ()4
1
Az + éAz)\I/tJ’At(Z + Az)} (5.106)
The third term by
_ 9 4wt = L a G A E (= LA utA s - An)—
oz o Az T2 2

1 1 1 1
—An(z 4 GA2)En(z + 5A2) + An(z = 5AZ) En(z — 5Az) P () 4

1
An(z+ %Az)En(z AUz + A)) (5.107)

The fifth term is discretized by

,ZWa‘IJt—FAt - 1 7ZW(Z)\Ilt+At(Z+ AZ)—
‘ 07  2A:"
1

- -z t+At,,
5ALC W(2)¥2(z — Az) (5.108)
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the sixth term by

0 —z 0 t+At 1
07¢ BrgzV T = A

1 1
{e_z_%AZKE(z + éAz) e TN K (2 — éAz)} WA ()4

1 1
[e T2 K (2 — iAz)\I/H'At(z — Az)—

1 1
e TR K (2 + iAz)\IIHAt(z + Az)] (5.109)

and the seventh term is

0 1 0m 1
K __\I,tJrAt -
0z° "Pmoz Az
—et iAo EA m(z — Az) WAL, _ As)—
e PR K (2 5 Z)m(z TIA) (2 z)
Y 1 m(z)
z AzK A
le Bzt 2 Z)m(z + 1Az)
1
eetide g _ Iy M) sy

2 m(z— 3Az)

a1 1 m(z + Az)
z—50z K iy
‘ 5(2 Z)m(z—l— SAz)

5 TR (2 AZ)] (5.110)
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Rearranging according to eq. (5.104) leads to the coefficients

~ 1,
1 A 1 A (z——Az)
——e K — e TR - 11
A2ze 5 (2) A2;° 5 (2) m(z) (5.111)
R :A—2A(Z + Az) — A—A(Z + A2)E(z + Az)+
1 —Zz 1 —Zz
1 m(z — —Az)
——e *K Az)——=—= 112
Az ¢ Kp(z+42) m(z + A2) (5.112)
e~ - -
Q =5A; A2 [A(z 4+ Az) + A(2)]+
1
~ —[A(z 4+ A2)E(z + Az) + A(2)E(2)] — e *S+
1
E[e’ZKE(z + A2) + e T Kp(2)]
1. m(z + 1Az)
R i P v
1 m(z + Az
e+l KE(Z)%] (5.113)
tn—AL
f=—e¢?R—e v, - U t¢e* AT (5.114)
The lower boundary condition is 7777 not used in the code??77?
1
i(W(Zbot — AZ) + \I/(Zbot + AZ)) = \Ij(zbot) (5115)
which leads to
U (2pot — A2) = 2W(2p0t) — ¥ (200t + A2) (5.116)

Inserting into the equation (5.104)

{=P(2bot) + Q(2bot) } ¥ (2b0t)+R(2b0t) ¥ (200t + A2) =
f(zbot) — 2V (260t ) P (2bot) (5.117)
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0
A (5.118)

which leads to
U(2i0p) — U(20p — A2)  €(z10p — 2A2)
- Az - - : 9 : (U(2t0p) + ¥(210p — Az)) (5.119)

and the value for W(z,,)

e(ztop— 2 A2)
U (z40p) = o 2 27 ¥ Gtop — A2) (5.120)
PG £

Inserting into the equation (5.104)
P(ztop — A2)U(210p — 2A2) + {Q(2t0p — Az)+

€(2top— %Az)

14+ Az
e(ztopilAZ) qj(ztOp - AZ) = f(ztop - AZ) (5121)
]_ — A272

2

R(zt0p — Az)}

In the code first the thermal diffusion coefficient & is set with the diffusion
vector ®; = (0,1.35,1.11) and &, = (0.673,0,0.769) independent of the
species, and the vector ®, depending on the species.

a1g =P1p — Py3
(053] :®21 - ®23
g1 =Py — Py
Qg2 =Py — Pya3 (5.122)
The values Wt ~2¢ are smoothed with the Shapiro smoother, first in latitude,
PlnmAblat — ptaAt_ 0 03[Win A (g X — 2A0) + WA (g X + 2A0)—
4 (Tl =B, A + AN) + T2 (@, X — AN)) + 6T 2 (4, )] (5.123)
and then in longitude
PlnmAbsmo — gla=Atlat o o3[@ln—Ablat (6 9Ap, \)+
PlnAtlat(g L 9N \) — 4(Win At (6 AG N+
Win =B (6 4 Ag, \)) + 6W 20 (6, )] (5.124)
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The horizontal advection v,, - VW, is calculated in subroutine advec, with

uZ(6.3) = 5la(6+ A6, 2) + (6~ A6, A
(6,0) = Sun(6+ 286.) + (6 — 2, 3)
VA6, N) = 3[en(6, A+ A) + (6, A — AN

V22 (P, Ne = %[vnw, A+ 2AN) + v, (6, A — 2AN)] (5.125)

and the terms

1 2
] _ _
285" u <¢> N o6 +206,0) = To(6 = 286, V)]}  (5.126)
oA Un 22, A) [Wa(, X+ 2AX) — W (, A — 2AN)]} (5.127)
The advection v,, - VU, is then

At the lower boundary the following values are set 777 which levelzy,; —
%Az such that it fits afterward????

1 1
qj(OQ)(Zbot — éAZ) :bllqj(Og)(Zbot + §AZ)+
1
blgqj(O)(Zbot — §AZ) -+ Fb(l) (5129)
1 1
\I/(O)(Zbot — éAZ) :bgl\I/(Og)(Zbot + 5AZ>+

bas®(O) (210r — %Az) + B(2) (5.130)

with b11, D12, b2, by and Fy, from the file bndry.F and subroutine bndcmp.
The mean molecular mass is

e~ 507) =0 (5, — 182) + D, Tno)y
m02 mo
((zj}v_ (O) (Zbot — %Az)]_l (5.131)
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The Ny number density is

W(Ny) (2 + %Az) =1 W(0u)(2 + %Az) —W(0)(2 + %Az)

and the mean molecular mass is

m(z + 1Az) = [\11(02) (z+ lAz) + ¥(0) (z+ 1Az)%—
2 mo, 2 mo 2
Lﬂ(jf)(z + %Az)]l

At the lower boundary the following quantities are calculated

1 1 1
m(Zbot) :i[m(Zbot — §AZ) + m(Zbot — éAZ)]

dm M (20t + 302) — (20t — 3A2)
T ) = -

dz
B(0) (210r) =~ [¥(0) (2por %Az) - U(0) (2 + %Az)]

1

2
V(O2)(2p0t) =%[‘11(02)(zb0t — %Az) + W (O2)(2hot + %Az)]
d¥(0) _ U(0)(2bot + sAz) — U(0)(2pot — 3A%)
dz (20or) = Az
d¥(0,) W(02) (20t + 3A2) = V(0s) (20t — 5A2)
Tas )= A-
At all other levels these quantities are
mi(2) =5 [m( + 5A2) + 7z — sA2)
dm, . m(z+3Az) —m(z — 5Az)
dz 2) = Az
W(0)(z) =5[W(O)(= + 5Az) + W(O)(= — 5A2)

U(0s) (20t) :%[\11(02)(2 + %Az) FU(0s) (2 — %Az)]

d¥(0) U(0)(z+ 3A2) = ¥(0)(z — 1Az)
dz (2) = Az

dV(05), . V(0y) (2 + 5A2) — U(0y)(z — 3Az)

dz (2) = Az

69

(5.132)

(5.133)

(5.134)

(5.135)
(5.136)

(5.137)
(5.138)

(5.139)

(5.140)

(5.141)
(5.142)

(5.143)
(5.144)

(5.145)
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The neutral temperature at the interfaces is set by

Tn (Zbot) :Tn (ZLB)
1

Tn(ztop) :Tn(ztop - éAZ)

1 1 1
T, (2) :§[Tn(z + §Az) +To(z — §Az)] (5.146)
The production is calculated by
kT, (z+ 1A
maksTn(z + 502 (5.147)

Py =
“poe 2 A m(z 4 SA2)

and stored in sOprod. The production P, for the specie x is input to the
subroutine, and is multiplied by {#=. 7777 does this make sense????? The
a1,y = — [d13 + 212 ¥(0)(2)]
Qg f = — 0412‘11(02)(2)

ag1,p = — [an ¥(0)(z)

Qoo f = — a3 + a1 ¥ (O2)(2)]
(5.148)
The quantity 1 — % — %% + FU is calculated and stored in the variable ex
77777
dU(0,) mo, + 22
Tex = T — Uy —|1- 2 z v(0O
{(aw0m, s — auzong) | —7 < — (O2)| +
d\IJ(O) mo + dm
(aw20n1,f — az10ua,f) a7 < p— > (0)]}
1 + &
I S 74 (5.149)
m

Q1 fQog f — (12 rO2] f

The vertical molecular diffusion coefficient A is determined by

PG ( T )0'25 (bus + 0 T(0)(2) + s W(O0)} " (5.150)

Tmy, \Tn(2)
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with 7 = 1.86- 103, and T = 273K. The value is stored in the variable ax in
the source code. The effects of gravity, thermal diffusion and the frictional

interaction with the major species is expressed by the variable E given by
eq. (5.103)

To(z+ Az) —T,(2 — Az

2T () (5.151)

Tinairf(2) = Toy — ax

and 7., given by the expression in eq. (5.149). The quantity T}pqify is stored
in the variable thdiff in the source code. At the lower boundary the value
is

Tn(zbot + AZ) - Tn(zbot
AzT, (Zpot)

T (2top) — T (2t0p — Az
AT, (Zt0p)

Tindiff(zbot) = Tex(2pot) — x

ﬂhdiff(ztop) - Te$(ztop) — Ox (5152)

If the INPUT flag difhor is set (;0) then the horizontal variation of the eddy
diffusion and thermal conductivity 7777 is set by

|Ar| >40° dsoe = hor(X) +1.0

|/\r‘ -

1 u
|Ar| <40° dgoe = hor(N) + 5 (1 + sinIT H/4.59 ) (5.153)

The coefficients for the equation (5.104) which is solved for the mass
mixing ratio are 7777 check the pressure levels and with the equation at the

Ak) (1 1
P = A (A—Z+§Tthdz’ff(k)) -

i{W(z) W (et A2} — (5.154)
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Ak +1 1 1
R :¥ (— — _Tthdiff(k—l—l)) —

Az Az 2
e A e K (k- 1)dp {é s 1)} -
TV + W+ A2 (5.155)
0=_ {AA(/? (Aiz _ %Tthdiff(k) + A(]Zi;rl) (Lz + % thdiff(k+1)) } +
e 38 (€22 K (k) d o {Aiz - %é—?(k)} -
eI K+ 1)d e {Aiz _ %fl—f(k)})iz L)+ QLN (5.156)
foerah { Lo VU(k) + R(k;)} (5.157)
AL

At the lower boundary

F(1) +0.5F(2)Az
F(1) - 05F(2)Az
(ko) = (Rvt) = P(kier) 75 l_w(gﬁﬂizmz

P*(kpot) =0 (5.158)

Q*(kbot) :Q(kbot) + P(kbot)

with F' the coefficient A, B, C' of the upward flux which are input to the
subroutine minor. The upper boundary is set by

gm FUPtoP Nz

(Ktop)
Q" (ktop) =P (kpor) — 2.
R ()
(Fir) PoAN4

(5.159)
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with FUP**P the upward number flux at the upper boundary which is input
to subroutine minor.

Solving for the mass mixing ratio ¥ at each latitude leads to the updated
mass mixing ratio W%t tA% at the midpoints. The calculated values for the
mass mixing ration W*P4+4¢t are smoothed by a Fast Fourier transformation,
which is part of the minor module. All the wave numbers larger than a
predefined value at each latitude are removed. The wave numbers are defined
in the subroutine minor. The values of the mass mixing ration at the time
step t, are also updated by using

smo

1
\I]updvtn _ 5(1 _ Csmo)(\Dtn—At + \I]upd,tn—I—At) + CSmO\Iltn (5160)

with csme = 0.95. All the values of U¥Pdtn and WwdtntA have to be at least
as larger as 10712
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‘ physical field H variable ‘ unit ‘ pressure level ‘ timestep ‘
mass mixing ratio | W¥(Oy) - midpoints tn
O
mass mixing ratio U(0) - midpoints tn
@)
mass mixing ratio | WU(NO) - midpoints tn
NO
electron density Ne 1/em? interfaces tn
number density O" | n(O%) 1/em3 midpoints tn
number  density || n(N(*P)) 1/em? midpoints tn
N(*P)
number  density | n(NOT) 1/em? midpoints tn
NO*
conversion factor Nm #/cm3g/mole | midpoints tn

Table 5.7: Input fields to subroutine comp_n2d

‘ physical field H variable ‘ unit ‘ pressure level ‘ timestep ‘
mass mixing ratio | U(N(®D)) | — midpoints | ¢, + At
N(®D)

Table 5.8: Output fields of subroutine comp_n2d

5.4 Calculation of Minor species N(*D),N(1S),
and NO / ,,

5.4.1 calculation of N (D)

The input to subroutine comp_n2d is summarized in table 5.7. The output
of subroutine comp_n2d is summarized in table 5.8. N(?D) is assumed to
be in photochemical equilibrium, such that the production P(N(2D)) and
loss rate L(N(?D)) of N(?D) is balanced.

_ P(N(D))

"N = TveD))

(5.161)
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The production is due to solar EUV photodissociation of Ny, and ion and
neutral chemistry

PNCD))(= + 5A7) = 3 [Ques(2) + Quy (= + A2)] braap +
kgn(N;)Nmm + (an(NO™)0.85+

Mo

asn(NS)0.9)\/Ne(z)Ne(z + Az (5.162)

with the branching ratio of producing N(?D) which is set to 0.6. The chem-
ical reaction rates are a and k defined in the chemrates_module. The total
production rate due to solar radiation and auroral particle precipitation is

denoted by Q. which is calculated in subroutine qrj.
The loss term L(N (D)) is determined by

¥(0,) +ﬁ4\11(0) +ﬁ6‘If(N0)
mo, mo myo
B7 + 857/ Ne(2)Ne(z + Az) + kign(0O*)  (5.163)

L(N(*D))(z + %Az) = Nm |2

The chemical rates § are defined in the module chemrates_module.
The number density n(N(?D)) is converted to the mass mixing ratio by
my2p P(N(2D>)

Nm L(N(ZD))

W(N(D) = (5.164)

5.4.2 calculation of N(15)

The input to subroutine comp._n4s is summarized in table 5.9. The out-
put of subroutine comp_nés are the factor which define the lower boundary
calculated in subroutine minor by solving AdX + BX + C = 0. Also the
upward flux at the upper boundary is deﬁned and the production P and
loss rate L of N(1S). These values are stored in module data of the module
comp_nds. After subroutine comp nés the subroutine minor nés is called
to calculate the mass mixing ratio of N(*S). Subroutine minor_n4s is not
described here since it just calls subroutine minor. For information about
subroutine minor please see chapter 5.3. The input to subroutine minor
is described in table 5.4 and the output in table 5.5, subsituting the species
X by N(*9).
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‘ physical field H variable ‘ unit ‘ pressure level ‘ timestep ‘
mass mixing ratio U (0,) — midpoints tn
O
mass mixing ratio U(0) - midpoints tn
@)
mass mixing ratio VU(NO) — midpoints tn
NO
mass mixing ratio | U(N(3(D)) — midpoints tn
N(®D)
electron density Ne 1/em? interfaces tn
number density Oy n(05) 1/em? midpoints tn
number density O n(OT) 1/em? midpoints tn
number density N, n(N;) 1/em? midpoints tn
number density N* n(N?) 1/em? midpoints tn
number  density | n(NOT) 1/em? midpoints tn
NO*
neutral  tempera- Tn K midpoints t,
ture
mean molecular m g/mole???? midpoints tn
mass
conversion factor Nm #/cm3g/mole | midpoints tn

Table 5.9: Input fields to subroutine comp_n4s

N(*S) has longer life time and is therefore influenced by the neutral

winds.

The lower boundary is given by photochemical equilibrium. The factors

BU(N(*S))+ C =0 are

A =0
B =1
Ly, PON('S
~W = i)

A, B, and C for the equation solved in subroutine minor AN ES)

dz +

(5.165)

The conversion factor from number density to mass mixing ratio Nm(z1p)
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at the lower boundary is

—Zbot—l/QAzel/QAz m(zbOt) (5166)

N_ frg
m(zLB) = poe kT (Zbot)

then

€ =n(NCS))(e) = "D Quep (1~ brap) o+

Nm(Zbot)
2
w(@]\fﬂ(zbot) vNo) + BsNe + (7)) + Bs V(NO)
my2p o myo
1

3, 02)+ﬂ\y(No N—&?‘I’(O)\I’( 2)

mNO ) mn,

]

(5.167)

At the upper boundary the upward diffusive flux is set
n(N(*S))(zube) = 0. (5.168)

The production rate P of N(15) is

P(N(S)) =5 (Ques(2) + Ques (2 + 52))(1 = brap)+

%{&( (Z)+N6(Z+AZ)+67}+
—(ﬁg(z) + Bs(z + Az)) TSJVVOO)H

($N2) n /{;Gn(N—F)\Ij(O?)kgn(N—F)&O)
mN2 m02 mo
V/Ne(z) - Ne(z + Az(aqn(NOT)0.15 + asn(N,)1.1)] (5.169)

Nm]|

Nmi[kyn(OF)——=~ +

and the loss rate L of N(19) is

U(0,) +ﬁ3\D(NO) +Nmﬂl7m(0)\p(xjv2) B
mo, myo mo M,
kin(O3) (5.170)

L(N('S)) = — Nm |
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‘ physical field H variable ‘ unit ‘ pressure level ‘ timestep ‘
mass mixing ratio U (0,) — midpoints tn
O
mass mixing ratio U(0) - midpoints tn
@)
mass mixing ratio | W(N(1S)) — midpoints tn
N(1S)
mass mixing ratio | U(N(3(D)) — midpoints tn
N(®D)
electron density Ne 1/em? interfaces tn
number density Oy n(05) 1/em? midpoints tn
neutral  tempera- Tn K midpoints t,
ture
mean molecular m g/mole???? midpoints tn
mass
conversion factor Nm #/cm3g/mole | midpoints tn

Table 5.10: Input fields to subroutine comp_no

5.4.3 calculation of NO

The input to subroutine comp_no is summarized in table 5.10. The output
of subroutine comp_no are the factors A, B, and C which define the lower
boundary condition of NO |, the upper boundary upward diffusive flux, and
the production P and loss rate L of NO. These values are stored in module
data of the module comp_no. After subroutine comp._no the subroutine
minor_no is called to calculate the mass mixing ratio of NO. Subroutine
minor_no is not described here since it just calls subroutine minor. For
information about subroutine minor please see chapter 5.3. The input to
subroutine minor is described in table 5.4 and the output in table 5.5, sub-
situting the species X by NO.

NO has longer life time and is therefore influenced by the neutral winds.

The lower boundary is given by photochemical equilibrium. The factors

A, B, and C for the equation solved in subroutine minor A%Z&S)) +
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BU(N(*S))+ C =0 are

A =0
B =1.

n(NO)(zLg)mnoksT,(zLc)
poel/QAze—z—l/QAzm(ZLBc

C =77T(NO) = — (5.171)

with n(NO)(zrg) = 4-10°. At the upward diffusive flux at the upper bound-
ary is set to zero

n(N(*9))(2use) = 0. (5.172)

The production rate P of NO is

P(vO) ~(vmp %) (4, TECONY

m02
W(N2) W(N(*S))

mp, mpyags

(Nm)*Brr

(5.173)

and the loss rate L of NO is

U(N(*9)) U(N(*D))
+ Bs

mN(45) mN(zD

L) + Bl + A2) — kon(0])

L(NO) = N7 |, | - 5 (ute) + pule + A2 +

(Bon(2) + Bon(z + Az))
(5.174)
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‘ physical field H variable ‘ unit ‘ pressure level ‘ timestep ‘
mass mixing ratio || W(Oy) - midpoints tn
O
mass mixing ratio U(0) — midpoints tn
O
electron density Ne 1/em?® | interfaces tn
number density O || n(OT) | 1/em® | midpoints tn
number density Ny” || n(Ny) | 1/em® | midpoints tn
number density || n(NOT) | 1/em® | midpoints tn
NO*
number  density | n(NO) | 1/em® | midpoints tn
NO
number  density || n(N(%S)) | 1/em® | midpoints tn
N(*S)
number density NT || n(N*) | 1/em® | midpoints tn

Table 5.11: Input fields to subroutine comp_o2o0

‘ physical field H variable ‘ unit ‘ pressure level ‘ timestep ‘
matrix coefficients fs — midpoints? | ¢, + At
for rhs?

Table 5.12: Output fields of subroutine comp_o20

5.5 Calculation of Major species O,, and O /

9

5.5.1 Calculation of source and sinks for O, and O

The input to subroutine comp_020 is summarized in table 5.11. The output
of subroutine comp_o2o0 is summarized in table 5.12. The module data of
subroutine comp_o2o0 is summarized in table 5.13. The source and sink
terms for the neutral composition are calculated in this subroutine, and
stored in the coefficient matrix fs, which is module data of chemrates_module.

Firstly, the total dissociation frequency and the production rates are
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transferred from the interface level to the midpoint level.
, 1 1. . .
rj(z + §Az) = 5[7"](2) +7rj(z+ Az)]

QUOD)(= + 3A2) = S [Q(O)(2) + QUOF) (= + A2)

1

51Q(07)(2) + Q(OT)(z + A2)] (5.175)

1
QO (z+ §Az) =
The conversion factor Nm from number density to mass mixing ratio is
evaluated at the midpoint level
1 —z—1/2Az
N(z + 5Az2) = Do (

U(0z)  Y(O) | W¥(No)
T knTn(z + 1/2A2) * *

m02 mo mNQ

) (5.176)

with W(Ny) = 1 — W(0y) — W(0), and 1/m(z + $Az) = L) | 1O) 4 T(Na)

mo, mo MmN,

The O, production is

P(0,) =(Nm)* [ggn(N“S) n(NO) , . n(N*D) n(NO)] N

6
myss  MNO my2p MMNO

S (Bs(2) + Bs(z + A@)”% ? NT(z + 5h2)+

NT(z + £ A2) {km(O;)n(N ) k4n(o+)M] +
mpy4g mpz2p

V/Ne(2)Ne(z + Az)(an(NOT) = 2a9n(05)) (5.177)

7777 what is mass mixing ratio and what number density 777 and

1 NS N2D
P(Ous) =(NT)(z + 5A2) {51”( ) | g,™ )} N
mpy4s my2p
1
kin(O) + kn(N1) + 2rj(z + §Az) (5.178)
The O, loss rates are
1

L(O41) =2k 1o NTi—— — 5.179
(Oa1) PTG+ me + Az)) (5.179)
L(Oy) =ksn(Ny) + ksn(NT) (5.180)

L(O.3) =Q(O")(z + %Az) (5.181)
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The Oy production rates are

Nm(z + $Az)

P(O2)1 =kpa2 Tm(s) + 7 + 87)) (5.182)
P(0s)2 =0 (5.183)
P02 =ks "0 )Nm(z + LAz (5.184)
mno 2
The O, loss rates are
4 2
L(O), =Nmi( + %Az) g, MN"S) | 5 n(N"D)
my4s MmN2p
kln(0+) -+ (k(, + k7)n(N+) + kgn(N;) + Tj
(5.185)
02)2 = QUOJ) (= + 502) (5.186)
The coefficients of the matrix (fs) are then
f811 = — L(Og) (5187)
1 v (O
Fs1o =Nm(z + §AZ)P(02)1T’(1—O)7:;/—002 (5.188)
[s2 :P(O$)2@m02 (5.189)
Fm = — L(O)s — KO L Nt + LAy (5.190)
mo 2
fs10 =(P(0s3)3 — L(O2)2)T]$(% (5.191)
fs20 =(P(Oz)1 — L(O$)3)% (5.192)
(5.193)

5.5.2 Calculation of major species O, and O/ COMP.F

The input to subroutine comp is summarized in table 5.14. The output
of subroutine comp is summarized in table 5.15. The module data of
subroutine comp is summarized in table 5.16. The calculation of the compo-
sition is explained in [3] The major neutral constituents of the thermosphere
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are O, O, and N;. The mass mixing ratio of these are

3 -1
j=1

with n; the number density of the ith species, with ¢ = 1,2, and3 correspond-
ing to Oy, O, and Ny. The molecular mass of the ith species is m;. The
vector of mass mixing ratios is defined by

_( Yo,
v = ( U, ) (5.195)
The N, mass mixing ratio is determined by
Uy, =1—-Vp, — ¥y (5.196)

The coupled vector equation for the mass mixing ratio vector [3]

0 0 m
W= e " ALY
a1 “T B2 (TO())O-%O‘ *
my, T,
¢ (K(z)e @ql) -
(vn va W%\P) +S-R (5.197)

with time ¢, the vertical coordinate z = In(po/p), the pressure p and p, the
reference pressure. The diffusion time scale is 7 = (poHo/poo Do) = 1.8610%s,
with Hy the characteristic molecular nitrogen scale height at Ty = 273K,
poo = 10°Pa, the characteristic diffusion coefficient at pyy and temperature
Too is Dy = 2107°m?/s. The mean molecular mass is 7, the molecular mass
of each species is m;. The horizontal neutral velocity is v,,, and the ”vertical”
velocity is W = %, K(z) is the eddy diffusion coefficient, the effective mass
source is S, and the removal rate is R.

The matrix « varies as the inverse of the diffusion coefficients according to

a1 = — [¢13 + (¢12 — P13) P2

gy = — [P23 + (P21 — P23) P1]

Q12 :(¢12 - ¢13)<D1

Q21 =(¢12 - ¢13)q>2 (5‘198)
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where ¢ = 1,2,and3 denotes Oz, O, and N, respectively. The value ¢;; is
determined by

D ms

= 5.199
with D;; is the mutual diffusion coefficient for gases ¢ and j with Dig, D;s3,
Doz, and Dy being 0.26, 0.18, 0.26 [1], and 0.2 x 10~*m?/s, respectively.
D is the characteristic diffusion coefficient, which has the same temperature

and pressure dependence as D;;

Py [ P\
D=Dy— | — 5.200
() (5.200)

The matrix operator L is diagonal with elements

)
and

i=1-—= - == 5.202
‘ m  moz ( )

The matrix L defines diffusive equilibrium through L® = 0. at the upper
boundary diffusive equilibrium is assumed, so that L® = 0. At the lower
boundary the atomic oxygen concentration n(QO) peaks, which was observed,
and therefore it is assumed On(0)/0z = 0. Together with the the conserva-
tion of total oxygen atoms, this assumption leads to the following condition
at the lower boundary

0
— Yy ="V
5 02 2
U, + W, = constant (5.203)

In the source code in comp.F first the values ¢;; from equation (5.198)
are set
0.2 28

P21 :—0.263_2 = 0.673
0.2 28
S 1.
b1o 0.26 10 35
0.2 28
—_t 0 1.11
D13 0.1828
0.2 28
Bos - 0.769 (5.204)

T0.2628
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The diffusive time scale 7 is set to 1.86 x 103s, and the standard temperature
Too = 273K. A ) matrix is set up as the identity matrix

0= L0 5.205
(o1) (5.205)

The horizontal advection term v, - VW is determined in the subroutine
advecl which is part of the file comp.F. The input to the subroutine advecl
is the mass mixing ratios W(O3) and W(O)™, as well as the horizontal
neutral velocities u,, and v,,.

1 1 2
2 R, cos \ [m Wil 800 = Wil = A0 )

(un(¢ + Ad, A) + un(¢ — Ag, A)) —
(Wi(¢+ 240, A) = Wi(¢ — 240, A)) (un(@ + 240, A) + un(p — 240, A)) ]+

Vn"lli:

12A¢
11, 2

5@[@ (Wy(
(Wi, A+ 2AN) — T;(, A — 2AN0)) (0 (d, AAX) + v, (0, A — 2A)N))]
(5.206)

O+ AX) — Ui (p, A — AN)) (0 (D, A+ AN) + v, (0, A — AN)) —

12A\

for + = 1,2 which corresponds to Oy and O, respectively. The mass mixing
ratios at timestep ¢, — At are smoothed with a two part Shapiro smoother.
The smoothing in latitude is

WAL — WA 0 03{ WA (X + 2A0) + U (g, A — 2A0)—
AL, A+ AN) + WA (6, A — AN) + 602 (6, 1))} (5.207)
and afterwards a zonal smoothing is applied
YA = GBI 0.03{ TN (¢ + 200, M) + TN (¢ — 286, ) —

AT+ A, \) + TN (6 — A, N) + 61120 (6, \)]}
(5.208)

for © = 1,2 which corresponds to Oy and O, respectively. The horizontal
diffusion factor is set by

| > 40° d e =0.25 + 1.0

1 II(|A| — 20°
A < 40° doc =025 + 5 (1 + sin(%)) (5.209)
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If the input flag DIFHOR is set to zero, in the input file then d¢,. = 0. The
mean molecular mass m is calculated at the midpoint level

U(0,5) | ¥(0) ‘IJ(N2))_1 (5.210)

1

m02 mo mNQ

with U(Ny) =1 — W¥(0;) — ¥(O). Note that the mass mixing ratios are also
on the midpoint levels.

The lower boundary values for the mass mixing ratios are set by

Uy(215) = b(i, 1)U(O) (215 + %Az) b0, 2)T(0) (215 + %Az) +h(0)
(5.211)

for i = 1,2 which corresponds to O, and O, respectively. The values b(i, 1),
b(i,2) and f,(7) are set in the boundary_module. With the mass mixing ratios
at the lower boundary the mean molecular mass can be determined at the
lower boundary

m(zrp) = (Z %(mﬂ) (5.212)

i=1 "
for i = 1, 2and3 which corresponds to Oy, O and Ny, respectively. The term

! %—T at the bottom is determined

3

1 m(zrp + $A2) + M(z1p)
m(ZLB) + m(ZLB + %AZ) Az

why = (5.213)

7777 where is the factor of 1/2 and 1/2 in wk4 which level. Is the LB below

the LB level???????. The epsilonterms 1 — L [m; + 22] are

2 m(ZLB + %AZ) — m(ZLB)

m(ZLB) + m(ZLB + %AZ) [mZ + Az ]
(5.214)

for + = 1,2 which corresponds to O, and O, respectively, and k,, = 2. The
value

221 (km) = 221 (k) =0 (5.215)
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777 how does the algorithm goes??7?. Next the matrix o at the height level
2+ 0.25Az is determined

O‘I,l(km) =02 = _A11[¢2,3 + {¢2,1 - ¢2,3}

HLNCIEE ASEI) (5.216)
Al o(km) = — i = [1 = Ap[p12 — 13

L ACTES NEPREIE) (5.217)
3 5(km) =011 = —A(¢13 + {P12 — d13}

(Wa(z15) + Yoz + 2 02))] (5.215)
g1 (k) = — a1 = [1 — Agal[paa — a3

S {Wa(orm) + Wa(nn + 3A2)) (5.219)

Note, that the indices in the source code already take into account the inverse
of the matrix with a™' = «o*/det|a|, and therefore the diagonal values are
switches and the off-diagonal terms have an minus sign. The determinant
det|a| is the same as det|a* (kp)| = of | (kmn)as o (km) —af o (km)as (k). The

- 0.25
matrix o* is multiplied by the factor %# <%) m
2 n

11 - 1 1 Too \"% 1
by = — = A
why = —5[m(zes +mlzes + 5 Z”mNQ (TH(ZLB)) det] o (k)|

(5.220)

_ 0.25
which lead to the quantity defined as A = 1T <@> a~!. The value v

;777,1\]2 Tn
at the bottom are set to

vii(k =1) =0, (5.221)
for ¢ = 1,2 and 7 + 1, 2, which corresponds to O, and O, respectively.

After setting all the values at the bottom of the model, the height loops
starts from the bottom to the top of the model (k = 1/z = —6.75 to k =
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nlev — 1/z = 6.75). The epsilonterms 1 — L[m; + 22| are set at z by

m 0z
2 m(z 4+ 3Az) —m(z — 1Az)

Ay 4z 1A T Az ]
(5.222)

Ei(l{?p) =1-

m(z — 3

for ¢+ = 1,2 which corresponds to Oy and O, respectively, and k, = 1. Note
that before the value ¢;(k,,) was determined, with k,, = 2. The values of
k., and k, are alternating between 1 and 2 to get the values at the previous
height level k,,, = k — 1, and the height level k, = £+ 1. The o is determined
at k,/z by

04?1(]%) =0y = —A11[¢2,3 + {¢2,1 - ¢2,3}

%{\111(2 _ %Az) U2 4 %Az)}] (5.223)

o o(kp) = — a1z = [1 = App[¢12 — d13]
%{\111(2 — %Az) + Uy (2 + %Az)}] (5.224)

ay(kp) =011 = —ADas|d1s + {d12 — P13}

%{\112(2 _ %Az) bz 4 %Az)}] (5.225)

a3 (kp) = — a1 = [1 = Apl[os — d23]
%{xpg(z _ %Az) +Wy(z + %Az)}] (5.226)

The matrix o* is multiplied by the factor %miNQ <?—(Z)>0'25 %

0.25

why = sm(z ~ Az + %Az)]mlNQ ( Tf(()‘; )) det’al* o (5220

. 0.25
which lead to the quantity defined as A = 17 <h> a~t. The term

T mn, Tn
%%—T at is determined, but first the value wk, which holds the value for k,/z
is copied into wks which holds the value for k,,/z — Az.

1 m(z + 3Az) + m(z — 1Az)

k pum
o m(z — 3Az2) + m(z + $Az) Az
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7777 where is the factor of 1/2 and 1/2 in wky which level. 7777777,

The discretizied equation can be written as

P Wit A 4 Quuin A 4 Ry WA = (5.229)
with
O = — [AXZ”) (Aiz - E(l;m)) (5.232)
I :e_Z[WQ_TAZ(k) — v, - VU™ (k)] (5.233)
In the source code the values are
i) A0 0) (5 + )
— e A (2B (k7772 — %Az)dfac(é — whks)+
0.25(W (=) + W (= + A2))A(, j)]AiZ (5.234)

Ruti.9) ~{A0)0) (5 - 2)

1 1 1 1
— e A (e M K (k12 + §A2)dfac(A— + whky)—
z
1

0.25(W (=) + W (= + A2)) A0, 5)] 52 (5.235)
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Qeli,§) = = - [Alkn) i, ) (Ai _ %) A () (AL ) e<kp2><j>)
b (R (b 1) 4 %Az)(AiZ ~ why)—
_1a, 1 1 dfac 1
e T (k)2 — 5 A2) (5 + whs)} Afz 35
)A(Z’]) - fS(Z,])] (5236)

The right hand side is assembled in the following

tn—At,smo
‘Ili

N — f(er%Az)
fild) = Y

— Vp V\I/Z + fg,o(i) + hd,z‘] (5237)
for i = 1,2 corresponding to Oy and O, respectively.

At the lower boundary the coefficients are adjusted 7?7 what’s the con-
dition there???

Q1(4,7) (260t) = Qe (7, ) (2b0t) + Pi(d, 1) (260t)0(1, 5) + P2, 2) (20) (2, J)
(5.238)

with zpr = —6.75 or 20 = zLB—l—%Az, and i = 1,2 and j = 1, 2 corresponding
to Oy and O, respectively. The updated right hand side is

Jr (@) (zoot) = Ji(@) (2bot) = Pi(i, 1) (z00t) fO(1) — Pr(i; 2) (20t f0(2)  (5.239)
with ¢ = 1,2 corresponding to O, and O, respectively.
At the upper boundary we set %‘If = eW which leads to

U(k+1)—W(k)  e(z+3A2)
Az B 2

(T(k + 1) + (k) (5.240)

with £ = nlevl — 1 and k4 1 = nlev corresponding to z,, — %Az = 6.25 and
Zub — %Az = 6.75, respectively. The coefficient equation looks like

14+ 0.5e(k +1/2)Az

P (k—1) + [Qx + R — 0.5¢(k + 1/2)Az

[0 (k) = fi (5.241)
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777 make matrix out of the equation??7?

Qili ) (s — 582) = Quli, )z — SA2)+
14 0.5e(k +1/2)Az
1—0.5¢(k+1/2)Az

Ri(i, ) — 82) = 0 (5.243)

with ¢ = 1,2 and j = 1,2 corresponding to Oy and O, respectively. For
solving the equation the following values are needed 777 is this Newton
iteration??? How does it work??7?

Q1 (1, 5) =Qui(i,J) — Pr(i, 1)+ y(1, ) (k) — Piu(i,2) * (2, 5) (k) (5.244)

wky =det|Q}] (5.245)
whon (1) = AL 2) - L= MLNQLI]  (5:216)
whon(2,) =AY - L= ARNQED)  (5:247)

whyi (1) =fr (i) — Zpk(i,j)%(k)(]') (5.248)
Yk +1)(1,5) =Y whpni (1, m) Re(m, j) (5.249)
Yk +1)(2,5) = whpi (2, m) Ri.(m, 5) (5.250)

22k + 1)(i) =Y whin (i, m)whky (m) (5.251)

Hereby end the height loop from the bottom to the top of the model. The
values at the top (k = nlev+ 1 or zyp + 2 Az = 7.25) are set

1
Uit (g + 5Az) =0 (5.252)
with ¢ = 1,2 corresponding to O, and O, respectively. The updated value is

1
upd;(zup + éAz) =0 (5.253)
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Then the downward sweep begins

upd; (k) =zz(k + 1) (i) (5.254)
upd; (k) =upd; (k) — Z v(k +1)(i, j)upd;(k + 1) (5.255)
Ui tA(B) =upd; (k) (5.256)

with & and k£ + 1 corresponding to z — %Az and z + %Az, respectively, and
with ¢ = 1,2 and j = 1, 2 corresponding to Oy and O, respectively.

The upper boundary is set by

v lenl) = 35 5e; (k) Az
Bei(k,

Ui tA (lepl — 1) (5.257)

with ¢ = 1,2 and corresponding to Oy and O, respectively.

The calculated values for the mass mixing ratio W;” AL are smoothed by a
Fast Fourier transformation. All the wave numbers larger than a predefined
value at each latitude are removed. The wave numbers are defined in the
module cons.F. The values of the mass mixing ratio at the timestep t, are
also updated by using

1
\I’?pdin - 5(1 - Csmo)(‘l’?“m + \I’ypd’thrAt) + Como 07" (5.258)

1,5Mo

with cgno = 0.95, and 7 = 1,2 and corresponding to O, and O, respectively.
Non negative values are assured by

Prbin <1 % 1070 Wbt — 1 % 107° (5.259)
PurbintAl 21 51076 @b tAl — 1 1070 (5.260)
2 _
- Z i <lXx i =Y, S22 gt at

=1 i=1 “1

(5.261)
2 1— 10

IR S IS TR S (5.262)

2 upd,tn
i=1 Zi:l \Di
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physical field H variable ‘ unit ‘ module ‘ timestep
inverse of molecular | 1/mg, | mole/g cons -
mass Oy

inverse of molecular | 1/mo | mole/g cons -
mass O

inverse of molecular || 1/my, | mole/g cons -
mass Ny

reference pressure Do 777 cons —

- e’ — cons —
Boltzman constant kg — cons -
molecular mass | myo | g/mole cons -

NO

molecular mass | mysg | g/mole cons —
N(19)

molecular mass | myzp | g/mole cons -
N(D)

molecular mass O, mo, g/mole cons —
molecular mass O mo g/mole cons —
total Oy dissocia- rj 1/s qrj inter face
tion frequency

Oy production rate | Q(O5) 77 qrj inter face
O™ production rate | Q(O™) ?7? qrj inter face
chemical reaction k; 777 chemrates -
rates

chemical reaction B; 777 chemrates —
rates

chemical reaction a; 777 chemrates -
rates

coefficient matrix fs 777 chemrates —

Table 5.13

: Module data used in subroutine comp_o20
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physical field

H variable ‘ unit ‘ pressure level ‘ timestep ‘

mass mixing ratio
O

mass mixing ratio
O

mass mixing ratio
O

mass mixing ratio
O

neutral  tempera-
ture

neutral zonal veloc-
ity

neutral meridional
velocity

neutral "vertical”
velocity

horizontal diffusion
of 02

horizontal diffusion
of O

U(0,)
W(0)

V(0y)

Un,

ha(OZ)

hq(O)

cm/s

cm/s

77

77

midpoints
midpoints
midpoints
midpoints
midpoints
midpoints
midpoints

interfaces

midpoints 777

midpoints 777

Table 5.14: Input fields to subroutine comp

physical field

H variable ‘ unit ‘ pressure level | timestep

updated mass mix- || W(0,)"? | — midpoints tn
ing ratio Oy

updated mass mix- | U(O)wd | — midpoints tn
ing ratio O

updated mass mix- | W(0y)"P? | — midpoints tn + At
ing ratio Oy

updated mass mix- | U(O)wd | — midpoints | ¢, + At
ing ratio O

Table 5.15: Output fields of subroutine comp




5.5. CALCULATION OF MAJOR SPECIES Oy, AND O /,

physical field variable ‘ unit ‘ module ‘ timestep
inverse of molecular 1/mo, mole/g cons -
mass Oy
inverse of molecular 1/mo mole/g cons -
mass O
inverse of molecular 1/mpy, mole/g cons -
mass Ny
- e F gl — cons —
- e 2h7 — cons —
- ezl — cons —
molecular mass Os mo, g/mole cons —
molecular mass O mo g/mole cons -
II — cons —
o cons —
smoothing factor fsmo = 0.95 cons —
$(1-0.95) cons —
background eddy dy, cons —
diffusion
wave filtering ks cons —
matrix coefficients fs chemrates —

with source and

sinks

Table 5.16: Module data used in subroutine comp
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Chapter 6

Ionospheric precesses
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6.1 Joule heating calculation

For the Joule heating calculation we assume that the energy transfer J - E
is almost equal to J, - E since the electric field along the geomagnetic field
B is much smaller than the perpendicular component. J, is the current
component perpendicular to the geomagnetic field. We neglect the work
done by the Ampere Force, and focus on the Joule heating term J | - E’, with
E’ the electric field in the frame of the neutral wind v,,. We can substitute

JJ_ : E/ == O'p]al2 (61)

with op denoting the Pederson conductivity. The square of the electric field
can be written as

(6.2)

with the electrodynamic drift velocity vg,p which is EBX—QB, and textbfv, |
is the neutral component perpendicular to the geomagnetic field. In the

code we substitute opB? by \; = "P—pB2 with p the atmospheric mass density,
therefore we calculate
J, - E
Q= =M (VEep — Vi) (6.3)

P

with @ the energy rate per mass [erg/s/g] from Joule heating.

The Joule heating is added to the equation to solve for the ion and neu-
tral temperature, see chapter 4.2 and 6.3.

In the heat equation for the neutrals there is no explicit term for the
energy transfer from the ion to the neutrals, since we assume that eventually
the whole Joule heating will go into the neutral temperature.

7= MVEes — Va1)® (6.4)

We refer to [12] eq. 5.48d, which is part of the transport equation for the
high latitude E-region

0= P [BR(T = T2) (Vi = V)’ (65)
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777 check with book what the values are Sum over what n??7? This equation
assumes that we have monotonic particles, such that we only have kinetic,
and no rotational, energy. In the above equation the collision frequency v;,
instead of the ion drag coefficient is used, since it also uses the difference in
velocity between the ion and neutrals v; —v,,, instead of only the E x B drift
velocity.

According to [12] only part of the Joule heating contributes to the ion

temperature

T My, 2

=\ (Vv -V 6.6

QJ ™, + m; 1( ExB nJ_) ( )

This approximation is valid above approx. 100 km where the contributions
from the electron neutral collisions to the Pedersen conductivity op is small.
Only around 75 km we would have to consider also the Joule heating part
which goes into the electron temperature. However, since the contribution
from the electrons is small, we can justify using A\; which is based on the
Pedersen conductivity including the electron neutral collisions.

6.1.1 Joule heating calculation for ion temperature

The input to subroutine gjoule_ti is summarized in table 6.1.

The output of subroutine qjoule_ti is summarized in table 6.2. The
mean molecular mass of the ions 7;,,, at the midpoints in [g/mol] is calculated
by

No+mo + ]\702+Tn02 + Ny+mpyas + NijN2 + Nyo+mnyo

6.7
NO++NO;+NN++NN2++NNO+ (6.7)

Mion =

and the mean molecular mass of the neutrals m,, at the midpoints in [g/mol]
1s

(= + %Az) — 0.5 % (00 (2) + Tin(z + A2) (6.8)

with 72,, on the interface level with z correspond to the height index k, z+ Az
to k+ 1, and on the midpoint level z + % correspond to the height index k.
The scale height H [cm] at midpoints is

_R'T,

mng

H

(6.9)
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‘ physical field H variable ‘ unit ‘ pressure level ‘ timestep ‘
neutral  tempera- T, K midpoint tn
ture
mean molecular m mg " interface thi
mass
mass mixing ration Vo, mir midpoint tn
of 02
number density of No; 1/em? midpoint tn
ions

No+ 1/em? midpoint tn
Nyo+ | 1/em? midpoint tn
N+ 1/cm? midpoint tn
ion drag coefficient A1 1/s interface tn
(mag.east.)
E x B velocity VEsB cm/s interface tn
dimensionless verti- w 1/s interface tn
cal velocity
neutral velocity Vo cm/s midpoints tn

Table 6.1: Input fields to subroutine gjoule_ti

‘ physical field H variable ‘ unit ‘ pressure level ‘ timestep
Joule heating of ion Q?’ eggs midpoints ty thit
temperature

Table 6.2: Output fields of subroutine qjoule_ti

since T,, and m,, are on the midpoint level. Note that the gas constant R*
is in units of [erg/K/mol] and the mean molecular mass in units of [g/mol].
The vertical neutral velocity w in [em/s] is

w=WH (6.10)

with the dimensionless vertical velocity W. The dimensionless vertical veloc-
ity at the midpoints is determined by averaging the values at the height level
k and k+1 to get the midpoint level k, i.e. W(z+3) = 0.5[W (2)+W (2+Az)].
The E x B drift velocity vg,p in [cm/s] at the midpoints is Vg, p(z+3Az) =
0.5(Vezp(2) + vezp(z + Az)), and the ion drag coefficient in magnetic east-
ward direction A; in [1/s] is averaged in the same way to get the midpoint
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‘ variable H physical name ‘ value ‘
Ny Avogadro number 6.023 x 10%4 /mol
g gravitational acceleration cm?/s
at lower boundary
R* gas constant 8.314 x 107erg/ K /mol
m; molecular weight g/mol
species i

Table 6.3: Global parameters used in subroutine gjoule_ti

values.

The Joule heating in [ergs/s/g] which goes into the ion temperature is

Q% = mnTi”monAl(vExB —v,)? (6.11)
In subroutine gjoule_tn the Joule heating for the neutral temperature is
calculated. Since the calculation is the same as for the Joule heating for the
ion temperature we refer to the previous subsection. The Joule heating for
the neutral temperature doesn’t have the ratio of the mean molecular mass
of ion to ion plus neutral. Since we have no explicit heating term for the
energy transfer from ions to neutrals.

QT = M(VEen — V) (6.12)
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physical field H variable ‘ unit ‘ pressure level ‘ timestep ‘
neutral  tempera- T, K midpoint tn
ture
mean molecular m mg " interface thi
mass
mass mixing ration Vo, - midpoint t,
of molecular oxy-
gen
mass mixing ration Yo - midpoint tn
of atomic oxygen
ion temperature T; K midpoint t,
electron tempera- T, K midpoint t,
ture
number density of No; 1/em? midpoint tn
ions
No+ 1/cm? midpoint tn
Nyo+ | 1/em? midpoint tn

Table 6.4: Input fields to subroutine lamdas

6.2 Ion drag calculation /

The input to subroutine lamdas is summarized in table 6.4.
The output of subroutine lamdas is summarized in table 6.5.  First

the factor C o
Ge . cm
is calculated. The gyro frequencies €2 in units of [%] are
B
Qo+ = 6.14
or Nam0+ ( )
g.B
QO = 6.15
O; Namo; ( )
B
Q = 6.16
Nor NamNo+ ( )
B
Q, =2 (6.17)

e



6.2. ION DRAG CALCULATION /

103

physical field H

variable

‘ unit ‘ pressure level ‘ timestep

ion drag coefficients
geographic  direc- || Ay, Ayys Auyy Ayas | 1/ interface tn
tion
magnetic east. di- A1 1/s interface tn
rection
conductivities o,0p S/m midpoint t,
Table 6.5: Output fields of subroutine lamdas

‘ variable H physical name ‘ value ‘
e electron charge 1.602 x 10~ *C
e 1.7588028 x 107C/g
T 9.6489 x 103C /mol
myo+ molecular weight of NO™ 30g/mol

Table 6.6: Local parameters used in subroutine lamdas

The collision frequencies v in units of [s~!] are determined by, e.g. [12]

2
1 u |Ti+T. T, +T.
Ng, Vot-0: = 2.59 x 10 —— |1~ 0.73logi 5 ] (6.18)
1
Vo+_0, = 6.64 x 1071 (6.19)
No,
1
N YNOt-0y = 4.27 x 10719 (6.20)
O2
1 T, + T,
—Vo+_0 = 3.67 x 1071/ == 1—
NOI/0+ o) X 5 [
T+ 1.
0.064l0g10 %]2 Feor (6.21)
1
NoVNOt-0 = 244 % 10710 (6.22)
0]
1
~ - Voi-o = 231X 1071 (6.23)
@]
1 _
Ny o = 413 x 107" (6.24)
1
NTUNON, = 434 X 10710 (6.25)
Na
1
Vo+_n, = 6.82 x 1071° (6.26)

Ny,
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with N, the number density for the neutral n in units of [1/cm3], and the
temperature in [K]. The collisions frequencies for Vo -0, and vo+_o are
resonant, all other are nonresonant. The arbitrary correction factor f.,,
multiplies the vp+_o collision frequency and is set to f.,, = 1.5 which has
been found to improve agreement between calculated winds and electron
densities in the upper thermosphere in other models. The mean mass M4
in [g/mole] at the midpoints of the height level is calculated by

7/
Po€ Mmid

6.27
T (6.27)

NMipiq =
The total number density N is in units of [1/cm?], p,e=Z is the pressure at
the midpoints in [dyn/cm? with Z the dimensionless variable at midpoints.
The mean molecular weight at midpoints is averaged by m,4(2 + %Az) =
0.5 % (m(z) +m(z+ Az)) with the height index on the interface level k corre-
sponds to z, k+1 to z+ Az, and on the midpoint level corresponds z + %Az
to the k index level. The Boltzmann constant is denoted by kp in [erg/K]
and the neutral temperature 7T, is in units of [K].

The number densities in [1/cm?] are

Nia ¥V
N, = —~mid 02 (6.28)
mOQ
Nia ¥V
Np = YMmid ¥ 0 (6.29)
mo
Nmia Y,
Ny, = L Mmid * Ny (6.30)
mN2

with U the mass mixing ration. The mass mixing ratio of Ny is determined
by Yy, =1—-Vp, —¥p with Iy >1.x 10—20mol

mn. g

2
The collision frequencies in [1/s] are

Yoy =Voi-0, T Vof-o T Voi-n, (6.31)
Vo+ = Vo+—-0, + Vo+—0 + Vo+_n, (6.32)
UNO+ = UNO+-0, + UNO+-0 + UNO+—N, (6.33)

Ven = 2.33 x 107" Np, T (1 — 1.21 x 107*T,)+
1.82 x 107 Np, /T.(1 4 3.6 x 1072/T.)+ (6.34)

8.9 x 107" No\/T,(1+ 5.7 x 107*T,)
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The ratios r between collision frequency v and gyro frequency 2 are

= 6.35

TO;' QOS" ( )
Vo+

= 6.36

ror = 22 (6.30)

ryor = 2NO* (6.37)
Ven

o= (6.38)

with the gyro frequency for ions ; = eB/m; and for electrons Q. = eB/m,.
The Pedersen conductivity in [S/m] is

e ro+ Tof
op == [Now —2 - Npp—2
PN T SEETN (6.39)
TNO+ Te '
Nyo+——— + Ne——
NOT 2 L T
The Hall conductivity in [S/m)] is
e 1 1
o =—[-Npt—— — Ny
n =gl T2, O§1+r§)2+ (6.40)
N + N, ! ] |
NOJrl—i—r]QVO+ 1T+r2

with N, = No+ + No; + Nyo+ assuming charge equilibrium. The ion drag
coefficients are in magnetic eastward and magnetic northward 7777 direction

B2

A = 2F (6.41)
p
BQ

Ny = M (6.42)
p

with p = NEA , and N, the Avagadro number. The ion drag coefficients are

transferred to interfaces by

M(z) = \/ Mz + %Az) (e — %Az) (6.43)

No(z) = \/ Moz + %Az) o — %Az) (6.44)
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with the height index k at the z interface level, and £+ 1 at z + Az. On the
midpoint level the index k corresponds to z + %Az. For the top and bottom
boundary the values are calculated by

1 3
Al(ztop) = \/)\?(Ztop — §AZ)/)\1(ZtOp — §AZ) (645)

3 1 3
)\Z(Ztop) = )\Q(Ztop — éAZ)/)\Q(ZtOp — §AZ)) (646)

3 1 3
/\1 (Zbot) = /\1 (Zbot + §AZ>)/)\1 (Zbot + 5AZ> (647)

3 1 3
/\Q(Zbot) = /\Q(Zbot + 5AZ>/)\2(Zbot -+ 5AZ> (648)
with 2., on the interface level corresponds to the index nlev, and z;,, — %Az is

on the midpoint level and has the index nlev—1. At the bottom boundary zp.;
corresponds to the index 1 on the interface level, and zbot+%Az corresponds to
the index 1 on the midpoint level. The ion drag tensor in magnetic direction

Amag is
mag mag .
A9 — ()\m Ay ) _ < A1 )\gsm]) (6.49)

/\Z’;"g /\ZZ‘W —Xosinl  A\ysin?l
with the x-direction in magnetic east, and y-direction magnetic south in
the northern hemisphere. The inclination of the geomagnetic field lines is 1.
Note that in the code the value of A\, has a sign change, however the value
is not used. The ion drag tensor can be rotated in geographic direction by
using the rotation matrix R

cosD sinD
R= (— sin D cos D) (6.50)

with the declination D of the geomagnetic field. Applying the rotation to
the ion drag tensor RA\"*R ! leads to

Aez A
A= ( o ”) = 6.51
Ayif )\yy ( )
( A9 c0s? D + )\;”yagsin2D Amag 4 (\mag — \mag) sin D cos D)
ma, ma, ma, ; ma, mag o2
— A9 (A9 — A7) sin D cos D A9 cos® D + A9 sin® D ko
6.52

Note that in the code Ay, has a reversed sign, and is later, in the Joule
heating calculation, used in the code as —)\szcde.
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‘ physical field H variable ‘ unit ‘ pressure level ‘ timestep ‘
neutral  tempera- T, K midpoints tn
ture
mass mixing ratio Vo, — midpoints tn
O
mass mixing ratio Uy — midpoints tn
O
mean molecular m g/mol interfaces tn + At
mass
Joule heating of | Qur, o midpoints tn
ions
electron density N, #/ecm? | interfaces tn
electron tempera- T, K midpoints tn
ture
ion temperature T; K midpoints tn
number density O No+ | #/em? | midpoints ? tn?
number density O3 | Nyt | #£/cm® | midpoints ? tn?
number density | Nyo+ | #/cm?® | midpoints ? tn?
NO*

Table 6.7: Input fields to subroutine setei

6.3 Calculation of electron and ion tempera-
ture /

The input to subroutine settei is summarized in table 6.7. The output
of subroutine settei is summarized in table 6.8. The module data of
subroutine settei is summarized in table 6.9. The general energy conser-
vation equation without chemical and viscous heating of electron gas

3 oT. 3
—NekB— = — Nek;BTeV cUe — §Nek3ue . Te -V Qe+

2 ot
Z Qe - Z Le (653)

with the electron bulk velocity u., the electron heat flow vector g., the sum
of all local electron heating rates are ) @Q)., and the sum of all local cooling
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‘ physical field H variable ‘ unit ‘ pressure level ‘ timestep ‘
electron tempera- | T T2 [ K midpoints t, + At
ture
lon temperature TitA K midpoints t, + At

Table 6.8: Output fields of subroutine settei

‘ physical field H variable ‘ unit ‘ pressure level ‘ timestep ‘
| H [ | | |

Table 6.9: Module data of subroutine settei

rates are y  L.. The electron heat vector is
ge = —fed — K°VT, (6.54)

with (. is the thermalelectric transport coefficient, J is the elctric current,
and K° is the electron thermal conductivity which is

B 7.5 10°T2%
1+3.22- 1042 (di Ny, + d2No, + d3No)

e

(6.55)

we assume that J and ¢. are parallel to the magnetic field and 7, and N,
vary only in vertical direction. In addition it’s assumed that field aligned
current is not present so that adiabatic expansion and heat advection can be
omitted. With these assumptions the general electron energy conservation
equation is simplified to

3. 0L  _, 0 (. . 0L
§N6E—Sln IH—aZ (K H@Z) +ZQ6_ZL6 (656)

In the hight range of the model the time scales are very short such that the
time derivative can be neglected and a thermal quasi steady state can be
assumed

0 T,
in2 _— € e —_ —
sin IH(?Z (K H@Z) + E Q. g L.=0 (6.57)

The heating sources are solar EUV radiation, deactivation of excited neutral
and ion species, dissociative recombination of electrons with ions, energetic
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particle precipitation, and Joule heating. Only the solar EUV radiation and
the energetic particle precipitation are considered, all other contributions are

neglectable small.

We substitute

K¢ :KOT5/2
Le :Lon(Te - Tn) + Loi(Te - ﬂ)

with G = T, 67/ % the derivative is

3_@ — ZTE’/?E
oz 2 ° Z
and, therefore

K0T, 2K°0G

HoZ 7HOZ

and the loss terms are
Lon + Loi

Le= 572

G — Ly, T,, — LyiT;

The energy conservation equation reads

... 0 (2K°0G Lon + Lo
S1n e — e
HoZ Te5/2

THOZ

The heat flux from the topside ionosphere is F, with
F.p=F,1.2[-5-10"A —4-107]
for the daytime, and for the nighttime

E.D
2

with F10.7* = F10.7 and Fl().?* S 235. The factor A is set to

FeD:

for |\, > 40° A =1
|Am| — 20

0 )

1
for |\,,,| < 40° A 25[1 + sin(I1

) G = _LonTn - Loiﬂ - Qe

(6.60)

(6.61)

(6.62)

(6.63)

(6.64)

(6.65)

(6.66)

(6.67)



110 CHAPTER 6. IONOSPHERIC PRECESSES

The aurora contribution is added

FeDA =Ffep + Qaurora (668)
FeNA =FeN + Qaurora (669)

For solar zenith angles ¥ > 90° the flux is F, = F.y4, and for ¢ < 90° the
flux is Fe = FeDA

1 1 — 80
for 80° < ¢ < 100 F. = i(FeDAJrFeNA + i(FeDA_FeNA) cos(Hw 50 )
(6.70)
for ¢ < 80ory > 100  F, (6.71)

For |\,,] > 60° a polar contribution is added F, — 3 -10°. The values of the
neutral temperature 7;,, the mass mixing ratio ¥y, and V¥,, and the electron
temperature T, at the interfaces are calculated by averaging the values from
the height level z + %Az and z — %Az to get the value at the level z, with
the height index k corresponding to z, and k£ and k£ + 1 corresponding to
z— %Az and z+ %Az respectively on the midpoint level; e.g. for the electron
temperature
1 1 1

T.(z) = Q(Te(z + §Az) + T (2 — QAZ)) (6.72)
The bottom value is extrapolated for 7., T,,, Vo, and Wp,, as shown for the
electron temperature

1 1 3
Te(zbot) = 5(3T3(2b0t + §AZ) — Te(zbot + §AZ)) (673)

with the height index k& = 1 for the midpoint level zboﬁ—%Az, and the interface
height index k£ = 1 for z,,;. Note that even for the neutral temperature the
values are extrapolated although a lower boundary value exist. The value
at the top are also extrapolated for T¢, T;,, Vp, and Up,, as shown for the
electron temperature

1

LA = Tz — gAz)) (6.74)

1
Te(ztop) - _(3T€(Zt0p - 9

2

The mass mixing ratio of Nj is calculated by

‘1/N2 =1- ‘110 - \I/OQ with\I/NQ Z 0 (675)
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The mass mixing ratios ¥; are converted to number densities /N;. First the
exponentials e™* are set

_ Ay 71
e 7 = el 7maRE (6.76)

_ N Fp

R (6.77)

For the conversion from mass mixing ratio to number density the following
factor Nm is calculated

_Z— __
_ pee “m(2) pm(z
Nm = = 6.78
The number densities at the interface level are
v
No, = Nim—22 (6.79)
m02
v v
No = Nm—2 Ny, = Nm—2 (6.80)
mo N,
The thermal conductivity K¢ in [-=9%] is calculated according to [Rees &
Roble 1975]
7.5 10°
‘= 2 (6.81)
143.22- 104F2[\/Ted1NN2 + d2N02 + d3No]
with
dy =2.82 717 —3.41- 10771, (6.82)
dy =2.2-71 -7.92.1071%/T, (6.83)
ds=1.1-""%(145.7-107'T) (6.84)

The scale height H in [em] is determined on midpoint level and interface
level

(6.85)

with R* the gas constant, g the gravitational acceleration, and 7, the neutral
temperature either on midpoint or interface level. A minimum inclination of
Lin = 0.17 is assumed.

for [I| > Ly sinl* =sin® [ (6.86)
for 1|, Lpin sin I* = sin® I, (6.87)
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. 0 .
The term sin® I % <%%%> of the electron energy conservation equa-

tion is first determined. The derivative is calculated by

o (fg—g) (s 4+ 302) = o [f(z FADT (4 A2) — () (2)]| =
lfEY (2~ 582 4 ¥ (= + 5A2)(~f(= + Az) — f(2)+ (6.39)

Fz4 AY (2 4 SAZ)]

with f = 27% and Y = (. The solver needs the equation in the following
form

1 1 1 1
P(z+ éAz)G(z - §Az) + Q(z + §Az)G(z + §Az)+
1 1
R(z + 3A2)G(= + SA@ = RHS(z + 3A2) (6.89)

Therefore, from the derivative the following values can be set

1 2 sin® I* K°(z)
P —Az) = :
(z+ 2 ?) TA2zH (2 + 3Az) H(2) (6.90)
1 2 sin? I* K°(z+ Az)
R =Az) = 6.91
(438 =T e+ TAz) H(z + Az) (6.91)
1 2sin? I* Ko(z+Az) K°(z)
—Az) = — — 6.92
Q=+ 2 ?) TA2zH(z+1A2) | H(z+Az)  H(z) (6:92)

At the bottom of the model we set T, (2zpot) = Tpn(zpor) Which leads to G =
T2, The boundary is then

1 1 1
G(Zbot) = TZ/Q(Zbot) = é[G(zbot — éAZ) + G(Zbot + éAZ)] (693)
which leads to

1 1
G(zbot — éAZ) = QTZ/Q(ZbOt) — G(Zbot -+ éAZ) (694)
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and is inserted into
1 1 1 1
P(Zbot + §AZ)G(Zbot - §AZ) + Q(Zbot + §AZ)G(ZI,O¢ + §AZ)+
1 3 1
Rzt + 582)G (20 + 5A2) = RHS (20 + 5A2)  (6.95)
and gives
1 7/2 1
P(zbot + éAZ) 2Tn (Zbot) — G(Zbot + 5AZ> -+
1 1 1 3
Q(Zbot + iAz)G(Zbot + iAZ) + R(Zbot + §AZ)G(2bot + iAZ) = (696)
1
RHS(ZbOt + §AZ)

Therefore at the lower boundary the coefficients are

1 1 1
Q*(Zbot + éAZ) :Q(Zbot + éAZ) - P(Zbot + §AZ) (697)

1 1 1
RHS*(ZbOt + éAZ) :RHS(ZbOt + éAZ) — 2P(Zbot + éAZ)TZ/Q (Zbot (698)
1
P*(Zbot + §AZ) =0 (699)

At the upper boundary the flux is set

2K°0G
TH 07 ¢

(6.100)

which leads to g—g = 2750 F.. So the top level value can be set by using

G (2bot + %Az) — G(2pot — %Az) ( TH ) (o)
e top

= 101
Az 2K° (6.101)

and solving for G(zper + %Az) Inserting it into

1 3 1 1
P(Ztop — §AZ)G(ZtOp — §AZ) + Q(Ztop — §AZ)G(ZtOp — §AZ)+

1 1 1
R(z0p — §A2)G(ztop + éAz) = RHS(20p — §Az) (6.102)



114 CHAPTER 6. IONOSPHERIC PRECESSES

leads to

1 3 1 1

P(Ztop - §AZ)G(Ztop - §AZ) + Q(Ztop — §AZ)G(Ztop - §AZ)—|—

1 TH 1
R(ziop — 5A2) || 55 Fe | (2top) Az + G2 — 5A2) | = (6.103)
2K° 2

1

RHS(Ztop — éAZ)

Therefore at the upper boundary the coefficients are

1 1 1
Q*(Ztop — §AZ) :Q(Ztop + §AZ) + R(ztop — 5AZ> (6104)
1 1
RHS*(ZtOp - §AZ) :RHS(Ztop - §AZ)—
1 TH
R(Ztop + 5AZ> (%Fe) (Ztop)AZ (6105)
R (210 — %Az) ~0 (6.106)

The flux F, was set before see eq. (6.64)

The heating rate is

Z Qe = [QO; + Qo+ + QN; + Qo+ + On+ + Qo+iep) + Qo+(2p)] ¢
(6.107)

with € the heat efficiency. In the code first > Q./e is calculated at the
interface level. It is checked during the summation 77??why not at the end???
that > Q./e > 1-107%°. The values of Y Q./¢ at the midpoint level are
calculated by

D IRYL PR S AN AT

€

In the same way the electron density is determined at the midpoint level

Ne(z + %Az) = /N.(2)No(2 + Az) with N, > 100. (6.109)
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For the conversion from mass mixing ratio to number density Nm at the
midpoint level is determined

poe > 22 (z + 1A2)

1
Nm —Az) = 6.110
m(z + 5 z) EnTh(= + 1A2) ( )
The number densities /N; at the midpoint level are
1 1, Vo, (z+1IA
Noy(2 + LA2) =Nmi(z + L) Yo+ 382 (6.111)
2 2 mo,
1 1. Uo(z+1iA
No(z + =Az) =Nm(z + —AZ)M (6.112)
2 2 mo
1 1, Un(z+ LA
Nay(z + SA2) =Nmr(z + L) Ya(z T 287) (6.113)
2 2 mn,

with Uy, =1—-VUp, —Vp and Wy, > 0. The heat efficiency € at the midpoint
level is then

e =exp [~ (12.75 + 6.941R + 1.166R* + 0.08043R* + 0.001996 R*) |

(6.114)
with
N,
R=1 - 6.115
" Noy + 0.1+ No + Na, (6.115)
Therefore, the following term is added to the right hand side
RHS = Z Q. =02+ Az) (6.116)

The cooling term due to Vibratlonal excitation L(e, No)yi of Ny is given
by

T.T, 11
3200 (% - )

L(67 N2)vib
Ne

= Np,1.3-107A4 (6.117)

with the value of A
A =5.7-10"%exp(
—4605.2

e

A =253-10"%/T.exp(

—3352.6

) for T, < 1000K

A =2.-10""exp(

) for 1000K < T, < 2000K
—17620

e

) for 2000K < T, <
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; ) : —3200 1
I'm not sure why it’s calculated so complicated, but L —
leads to = iT 77777, The rotational excitation of Ny and the cooling rates

due to elastic electron-neutral collisions are L(e, No)etast + L(e, N2) ot
L(e, NQ)elast + L(e, NQ)rot _
N,
1
Ny, [177-107% {1 —-121- 10T,V T, +2.9- 10— 6.118
N2 [ { } \/Te ( )

The elastic, vibrational and rotational excitation of O, is
L(e> OQ)elast + L(@, OQ)vib + L(e> )2)rot

N = (6.119)
1
No, {1.21 -1071® (1 + 3.6 - 10*2\/Te) VT, +3.125-107*'T? + 6.9 - 1014\/—7}

The cooling rates due to elastic electron neutral collision and due to fine
structure excitation of O is

L(e> O)elast + L(@, O)fs

N = (6.120)
1—7-107°T, (150
No {7.9 107" (145.7-107'T.) \/T. + 3.4 - 10*12# ( T 0.4)}

All the loss terms together are L(e,n)
L(@, n) _L(e7 N2)vib + L(e> OQ)elast + L(@, OQ)vib + L(e> 02)r0t+

N N Ne
L(e,0)crast + L(e, O) s
Ne
and is multiplied by the electron density on the midpoint level. The cooling
rate due to mixture of the electrons with ions is L(e, %)

(6.121)

: g Ne
L(e, Z) =3.2-10 8T3/2 15 (No+ + 0.5NOQ + 0'53NNO+) (6122)
The cooling due to ion neutral collision is L(i,n) in [;5%]

L(i,n) = No- <6.6 107U Ny, +5.8-107 4Ny, +0.21 - 10*14NO\/2TH) n
No+ (5.45-107"Np, +5.9- 107Ny, +4.5- 107" No) +
Nog (5.8 107U Ny, +4.4- 107N, + 0.14 - 10‘14N02\/2Tn> (6.123)
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The coefficients are updated by

L Lie, i

RHS* =RHS — L(e,n)T, — L(e,i)T; (6.125)

(6.124)

Note that the temperatures T,,, T; and 7T, are at timestep ¢, and midpoints
height level. The tridiagonal solver solve eq. (6.97) which gives G and the
updated electron temperatures

T.(t, + At) = G¥7 with T.(t, + At) > T,(t,) (6.126)
The ion temperature T; at timestep t,, + At is determined from
L(e,i)(T. = T;) + pQY = L(i,n)(T; — T,,) (6.127)
which leads to

_ L(e,i)Tut, + At) + L(i,n) T (tn) + pQ7
e L(e,i) + L(i,n) (6.128)

with p = ]]V\,—T in [g/cm?], and Ny is the Avogadro number. The ion temper-
ature has to be larger than the neutral temperature T; > T,,.

For the thermodynamic equation an addition to the heating term is de-
termined.

Q(env ei) = Q(ev n) + Q(67 Z) = % [L(ev n)(Tetn - Trtzn) + L*(e7 Z)(Tetn - thn)}

(6.129)

with
L*(e,i) =L(e, i) (T — T/™) for T!» — T >0 (6.130)
L*(e,i) =0 for T!» —T/" <0 (6.131)

with L*(e,7) in [erg/s/g]. The term is added to the total heating term Q.
at the interface level

Qiot(2) = Quat(2) + %(Q(en, ei)(z + %Az) + Q(en, ei)(z — %Az)) (6.132)
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The upper and lower boundary are extrapolated
* 3 . 1
Qo (2b0t) =CQiot (2b0t) + QQ(en, ei)(z + QAZ)
3
— Qlen, ed) (zo + 5A2)) (6.133)
3 . 1
Qiot (2top) =Qrot(Ztop) + QQ(en, et)(zop — §Az)

— Q(en, €i)(210p — gAz)) (6.134)
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6.4 Calculation of O" number density /

The input to subroutine oplus is summarized in table 6.10. The output
of subroutine oplus is summarized in table 6.11. The module data of
subroutine oplus is summarized in table 6.12. Most major species are
in photochemical equilibrium below 1000km, and can be simply calculated
by balancing the production and loss rates. However, O™ is determined by
considering diffusion, along the magnetic field line and the E x B transport.
In the following for simplicity the variable n is used for the Ot number
density n(O™).

aa_j’ Q4 In=—-V-(nvy) (6.135)

with n the OF number density, ) the production rate of Ot, L the loss rate

of O". The right hand side is the transport due E x B drift and the field
aligned ambipolar diffusion. The ion velocity v; is given by

Vi = Vi| + Vil (6136)

with the parallel and perpendicular velocity with respect to the geomagnetic
field

1 1
Vil = { - (g - —V(F;+ Pe)) +b- vn] b (6.137)
BB (6.138)
Vil = |B‘ .

The parallel velocity is caused by ambipolar diffusion and the perpendicular
velocity by E x B drift velocity. The unit vector along the geomagnetic field
line is b, v;, is the O ion-neutral collision frequency, g the gravitational
acceleration due to gravity, p; is the ion mass density, P; and P. are the ion
and electron pressure, v,, is the neutral velocity, |B| is the geomagnetic field
strength, and E is the electric field.

Inserting the parallel (6.137) and perpendicular (6.138) velocity into the O*
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transport equation (6.135) leads to

on

o~ @+ Lnt(by- Va)Kb.] K;]aaZ(QT )+ Zegn)]

1 0 1 0 mg
— (b, - V) (b-v,n) + (b 757 + V- b) Kb, (ﬁa—Z(QTpn) + En) _

1 0 n
(bﬁa_zw.b)(b.vn) [Bvieon- v ()] -
1 0
2 —_—
B VExB,zHaZ
1 0
Kb, (b - Vi) ( 7 (2T,n) + mgn) +

(%) + (b - Vi) K (by - Vi) (20T))+
H0Z kn

(b ;1 aaz+v b) (by - Vi (20T})) = 0 (6.139)

where the ambipolar diffusion coefficient is K = D4 + Kg with Kg the eddy
diffusion coefficient in the lower thermosphere, and D, the molecular dif-
fusion coefficient. The geomagnetic unit vector, the horizontal vector and
vertical component are b, by and b, respectively. The scale height is de-
noted by H, vg,py is the horizontal drift vector, and vg,p . the vertical
component. The horizontal derivative of V777 is V. The plasma pressure
is T, = 5(T. + To).

The fourth, eleventh, and sixth term are the contributions of the vertical com-
ponent of ambipolar diffusion to the plasma transport due to respectively, the
horizontal variation of the diffusion coefficient and b., the horizontal variation
of the vertical ambipolar diffusion, and the vertical variation of the vertical
ambipolar diffusion. The tenth term is the contribution of the horizontal
component of the ambipolar diffusion due to variations in the vertical and
horizontal direction. The fifth and seventh term are the neutral wind effects
on the O" distribution, and the eight and ninth terms are the effects of the
E x B transport.

The flux at the upper boundary is determined in the subroutine oplus_flux.
The transport from and to the plasmasphere is specified by the flux ®. The
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latitudinal variation of the flux is specified by the factor A

II

A=1 for| A, —
or|Amlgeq

1 \lambda,,| — II
A== {1+sinlI a5 for| A < —
2(—1—5111 24 or| \<24

121

(6.140)

with A > 0.05. The daytime flux is ®¢, and upward, and the nighttime flux

®%; which is downward

P9 =2-10°
% = —2-10°

and the flux variation during the day— and nighttime is given by

F.p =32 A
F.y =0% A

The solar zenith angle 1 determines which flux FO" is used

+

FO" = FE,n fory > 90°

+

FO" =F,p fory < 90°
with

1 1 ¥ — 80
FO" = Z[F.p+ F, ~[F.p—F, I
2[ p+ F.n]+ 2[ D ~] cos( 50

)

(6.141)

(6.142)

(6.143)

(6.144)

The divergence of the geomagnetic field vector b is determined in subroutine
divb. Since variation in height of the geomagnetic field is neglected the

divergence also varies only with latitude and longitude.

b
v 2ApRE cos A

+

cos A + AXby (¢, A+ AX) — cos A — AXb, (9, A — AN) N

2AANRE cos A
2b, (¢, \)

Rg

(6.145)
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with b, the northward, b, the eastward, and b, the upward component of the
unit geomagnetic field vector %. The divergence is stored in the value dvb.

In the first latitudinal scan the plasma pressure is determined at A — A\,
Aand , A+ A\ e.g. at A

1 1
Tp(d), )\, Z+ éAZ) = i(ﬂ + Te) (6146)

The values in the code are stored in the variable tpj.

In subroutine rrk the diffusion coefficient are determined. The values
are stored in the variable dj in the source code at A — AX, XA and , A + A\.

1.42 - 10" kg T,
Dy = B (6.147)

P |22/ Ty (1 = 0.06410g30T,)2Cy + 186322 + 18,172

mN2 m

1

with the pressure p(z+ %A) = ppe 227 the number density of Ny is Uy, =

- las
1 — Vo, — Uy, the factor is Cy = 1.5, and N = poekj_u;TjA

determined at half pressure levels e.g. z + %Az. The variable tpj holds 27,
at the midpoint pressure level z + %Az and at the latitudes A — A\, X and ,
A+ AMX. The scale height is also determined at the midpoint pressure level,
and the latitudes A\ — A\, X and , A + A\.

. The value D4 is

= (6.148)

The scale height is stored in the variable hj. The dot product b - v,n is
stored in bvel and calculated also on the midpoint pressure level, and the
latitudes A — AX, XA and , A + A\

W(z)+W(z+ 3Az2) 1

5 H(z+ —Az)] n  (6.149)

b-v,n = |byu, + byv, + b, 5

In subroutine diffus the term |22222 + mgjg

Ho7 n] at the midpoint pressure

level is determined
1
2H (2 + 3Az2)Az

Fs + %Az) - 27, (= + gAz)n(z + gAz)—

mo+g
R*

2T,(z — %Az)n(z — %Az)] + n(z + %Az) (6.150)
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The term is stored in the variable diffj. The upper and lower boundary
values are set by

1
H (zpot + %Az)Az

3 3
12T, (2pot + §Az)n(zbot + §Az)—
(6 151)

1
F(Zbot + §AZ) =

1 1
2T, (2001 + 5820 (z0r + 5A7)] + }0;9 (2ot + Az)

1 1 1
0T, (210p — =\ _ZAz)—
H(ztop—%Az)Az[ p(Z1op = 5 82)0(z00p ?)

1
F(Ztop — §AZ) = B

(6.152)

3 mo+ 1
§AZ)] + %gn(zwp - éAZ)
The value 2n7T), is determined at midpoint level, and the latitudes A — A),
A and , A+ AX. The value overwrites the variable tpj. The latitudinal

smoothed value of n(OJ“)t"_At are determined by

3
2T, (Ztop — éAz)n(ztop —

n(OF)smodtn =&t —p(OF)n=AL _ ¢ In(OF) A\ 4+ 2AN) +
n(OF) 24N = 2A0) = 4(n(O)" (A + AN+
n(OF)m=AHX — AN)) 4 6n(OF)=2H(N)] (6.153)

and stored in optml_smooth, and fq,,, = 0.003.

The second latitudinal scan starts with calculating the value of b-Vy in
subroutine bdotdh at the midpoint level. The output variable is bdotdh_op.

The input is the term from eq. (6.150) F = QZT(;’; + m0+gn], which leads

R*
to (b- V) [zaTP” + mo+9"]

HOZ R*
1 by
T1 :R—E[m {F(é+Ap,\) = F(¢ — A, )} +
byF(gb,AJrA/\) —F(gb,)\—A/\)] (6.154)

2AN

The term is multiplied by the diffusion coefficient D 4 from subroutine rrk,
which leads to

anTL mo+g
n

o7 T (6.155)

1
Da(z + éAz)bz(b Vi) |2
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The same subroutine bdotdh is used to calculate b - Vy [2T,n]. Using eq.
(6.154) with F' = 2T,n. The values are determined at the midpoint pressure
level, and at the latitudes A — A\, A and , A + AX. Afterwards the value is
multiplied by

DMz+%A@b-VHpﬂm (6.156)

and stored in the variable bdotdh opj.

The third latitudinal scan starts with calling the subroutine bdotdh for
the term in eq. (6.156) F' = Dab-Vy [21,n], which leads to (see eq. (6.154))

b-Vy (Dab- Vg [2T,n]) (6.157)
evaluated at the midpoint pressure level, and stored in the variable bdotdh_diff.

The subroutine bdzdvb calculates the term (52%8% + V- b) G, with
the input into the subroutine V- B, and G = Dab - Vi [2T,n].

1 b 3 1
T —Az)) = 2 “AzZ) — —ZA
3(z+ 5 2)) DAz + 1A2)5: {G(z+ 5 z) —G(z 5 z)}+

1
V- bG(z + 5A2) (6.158)

At the upper and lower boundary the values are set to

1 b, 1 3
T?)(Ztop - éAZ)) —2H(Ztop _ %AZ)(SZ {G(Ztop - éAZ) - G(Ztop - éAZ)} +
1
V- bG(Ztop - §AZ) (6159)
T3(chot + 2A2)) = b Gzt + SAZ) = Clzpor + 2A2) b+
Zbot 9 z —2H(Zbot T %AZ)5Z Zbot 9 z Zbot 9 z

1
V- bG(zbot + éAZ) (6160)

All the explicit terms are added together from eq. (6.155), (6.156), and
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(6.158) which leads to

anTL mo+g
n
HOZ R*

1
Tl,em)licit - - DA(Z + éAZ)bz(b : VH) |i2
—b- VH (DAb . VH [QTPTL])

(b ;] 8‘9Z+v b) (Db - Vi [2T,n]) (6.161)

In addition the term (by-Vg)(b- v, x) and [bQUE,;B,H . V(%)]H are treated
as explicit terms which leads to

1 by
T2 sexplicit —Tl sexplicit + = 2RE [A¢ cos \ (b Vn(d) + A¢7 ) b- Vn(d) - Ad)a A)) +

n(@+ A0 ) (¢ — Ag,N) )
B26+ A0, ) B(6— Ag.N)

! —(by (b - v (P, A+ AX) —b - v, (p, A — AN)) +

UExB,:c(Z -+ §AZ)BQ(¢, )\) (

A)\
1 n(p, A+ AN) n(p, A — AN)
. ~Az)B*(¢, - ’
Upzny(2 + 507) «m)<B%QA+AX) B2(¢, A — AN) )
(6.162)
Afterwards the following values are set
-b
v (6.163)
b.
! (6.164)
AzH '
1
T, = é(Te +T;) (6.165)

at the midpoint pressure level and stored in the variables dvb, srchdz, and
tp respectively.

The term 27, A + % are determined

1 qgm

3 3
—Az) = 2T, A 1
Sp(z + 5 z) p(z + 5 Z)H(z T ANA t o (6.166)
3 1 1 gm
Sm —Az) = 2T, —A — 6.167
(24582 =20+ S M) o AR ol (6.167)
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and stored in the variable tphdz1 for S, and tphdz0 for S,, respectively. The
lower boundaries are set by

1 1
Sp(2bot + iAz) =2T,(zpot + §Az)

1.5 0.5 qgm
— 6.168
[H(zbot + %Az)Az H (2ot + %AZ)AZ] + 2R* ( )

1 1 3
Sm(zbot + iAZ) =2 |:2Tp(zbot + iAZ) — Tp(zbot + §AZ):|

1.5 0.5 gm
— — 6.169
[H(zbot + %Az)Az H (2ot + %AZ)A2:| 2R* ( )

and stored in tphdz1(lev0) and tphdz0(1lev0), respectively, with lev( cor-
responding to zbot+%Az on the midpoint pressure level. The upper boundary
values are

1 1 3
Sp(ztop + §AZ) =2 |:2Tp(ztop — §AZ) — Tp(ztop — §AZ):|
1.5 B 0.5 n gm
H(zop — sA2)Az H(z40p — 3A2)Az 2R*
(6.170)
1 1
Sm(ztop + iAZ) :2Tp(ztop — iAZ)
1.5 _ 0.5 _gm
H(ziop — 302) Az H(z0p — 3A2)Az 2R*
(6.171)

and stored in tphdz1(levl) and tphdz0(levl), respectively, with the index
levl = nlev + 1 corresponding to z, + %Az.

The diffusion coefficient D4 are calculated at the interface pressure level
2,2+ Az, ... by averaging

D) = % (DA(Z + %Az) + Dl — %Az)) (6.172)

and stored in the variable djint. The upper and lower boundary values are
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determined by extrapolation
1 3
DA(Zbot) = (?)DA(Zbot + §A2) - DA(Zbot + 5AZ)> (6173)

DA(ZtOP) =

I B R

1 3
(BDA(ZtOp - éAZ) - DA(ZtOp - éAZ)) (6174)

The term T, = ? + %ﬁg”z’ is determined at the midpoint pressure

level, and stored in the variable divbz

1 V-b 1
Lt 8 =5 =@M o h e+ 1A
bs(¢, ) (DA(cb +AG N 2+ 3A2)b.(0 + Ag,N)
coS A 2A¢
2A¢

Da(p, X+ AN, LA, (N + AN
b(o, ) PAOAT ELZHFENOATEN

Da(6, A — AN, 2+ LA2)b. (6, A — AN)
2A\

)+

)] (6.175)

The periodic points for T} are set to zero.

The term T5 = bg(ﬁ + %T4) are calculated, with T = Vb—';’ + %(ﬁgbz),

see above in eq.(6.175)

1 1 1/V-b by-VeDib), 1.\
Ty(z + =Az) = b7 - “A
(et 582 = b+ 3 ( .t T mepa P 3RY)
(6.176)
1 "1 1/V-b by-VuDab) 1.\
T SAz) =1 - A
2582 =0\ =5 ( T ReDaz G T289)
(6.177)

and stored in the variables hdzpbz and hdzmdz respectively.

The smoothing of n(O%)~4! is finished with a longitudinal smoothing.
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See eq. (6.153) for the latitudinal smoothing

n(OJr)smo,tant — n(OJr)smo)\,tant . fsmo[n(OJr)smo)\,tant(qs + 2A¢7 )\)+
n(0+)8m0)\,tn—At(¢ . 2A¢), )\) o 4(n(0+)smoA,tn—At(¢ + Aqb, >\)+
n(OF) A=A (G — Ag, M) + 6n(0F)" 2 (6 + Ag, )] (6.178)

with fono = 0.003. The smoothed number density is added to the explicit
term T2,explicit

n(OJr)smo,tant
TS,explicit = T2,explicit - IAL (6179)

The tridiagonal solver need the equation in the following form:

Pk, i)' ™2k — 1,9)+Q(k,i)n ™2 (k, 1)+
R(k,i)n" 2 (k + 1,4) = Topricit(k, 1) (6.180)
with the height index k for z+3Az, k+1 for z+2Az, and k—1 for z— 1 Az.

The longitude index is denoted by 7. Note that the equation is solved at each
latitude \ with the index j.

The fourth and sixth term of the O transport equation eq.(6.139) are
treated implicit with the fourth term being

1 0
[(by, - V) KD.] K——(ﬂpn) n %n)}
B
and the sixth term

10 10 mg
<bzﬁ3—Z +V- b) Kb, (——(2Tpn) + —n)

P(z + 582),0) = Ton(z + 502, 0)Da(z, )z + 302,0)  (6.181)

Q1((z+ %Az), ) = — (Tsp(z + %Az, O)Da(z+ Az, ¢)Sn(z + gAz, o)+

Ton(z + %Az, 6)Da(z, 6)5, (= + %Az, o) (6.182)

Ri((z+ %Az), ¢) = Tsp(z + %Az, ®)Da(z + Az, ¢)S,(2 + gAz, ®) (6.183)
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for the terms please see equations (6.167),(6.166), (6.172),(6.177),and (6.176).
The term b - v,, is determined

1 1 1
Ts(z + éAz) =b,un(z + iAz) + by (2 + §Az)+

1 1
H(z+ §Az)bZW(z + §Az) (6.184)

Note that the dimensionless vertical velocity W is on the interface level
z, 2+ Az, ...

Part of the seventh term in eq. (6.139) which is

10

and the ninth term

1 0 n
oy (3
VBB a7 \ B2

are treated implicit leading to 777 who is this done???

Py((z+ %Az), ¢) =P +bb-v,((z+ %Az), o)+

3 1
Ve, ((2 + éAz),cb)QH(H T2 00 (6.185)
Qo((z+ 582),6) = Q1 — Veasa (= + 5A2), 6) - (6.186)
E
Ro((z + %Az), ¢) = Ry — bomathbfb - v,((z + gAz), o)+
1 1
Viep,:((2 + éAz)ad))ZH(er TAZ), 0)A (6.187)
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The coefficients at the upper and lower boundary are set to

P;((Zbot + %AZ), d)) = PQ((ZbOt + %AZ), d)) + bz[Qb . Vn((zbot -+ %AZ), d))

b vy (20 + gAz), o] (6.188)
1 1
+ Vip (2ot + §Az), 2 2H (zpor + %Az), O)Az
1 1
Q;((pr - éAZ)a ¢) = Q2((Zt0p - §AZ>7 ?)
1 6
- VEwB,z((Ztop - 5A2>7 ¢>R—E (6189)

Ry ((210p — %Az), 6) = Ra(210y — %Az), 6) — +775.[2b - v ((210p — %Az), 6)

b v (21 — SAZ), o] (6.190)

1
+ VEwB,z((Ztop - 5A2>7 ¢)

3Az), ¢)Az

QH(ZtOp -3

We add the other part of the seventh term in the transport equation (6.139)77
check b, where does it come from???

and the time derivative of the number density of n(O") to the Q—coefficient

1 1 1
Qs((z + éAz), ¢) = Q2 — (0:V - b(¢))(b - v, ((2+ §A2)7 9)) — AL
(6.191)
The upper boundary condition is defined by
0 mg +
g2 _ 0
b;D, (TpHaZ + 7 ) n==F (6.192)

with FO the flux of O from and to the plasmasphere, which was defined
in eq. (6.143) and (6.144).

1
B = — b2Dy(210p) S (2t0p + 5Az) (6.193)

1
A = — 2D (2t0p) Sp(2t0p + 5Az) (6.194)
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with Sy, = 27,2~ + ¢ from eq. (6.171) leading to

PHIZ
. 1 1 B . 1
Q3 ((2t0p — §AZ)> ¢) = Qs((zt0p — §AZ), o) + ZRQ((ZtOp - §AZ)> )
(6.195)
and for the right hand side
. 1 1
Ty explzczt((zwp - §Az)a o) =13 capticit((Ztop — iAz), ¢)—
. 1 1

F0+R2((Ztop - §Az)a ¢)Z (6196)

The source and sink terms are calculated

n(XI0*(*P)) = !

; (aoeryie +@orerie+ 3a0)

1

(klﬁ + kn)ﬂ(Ng) + klgn(O) + (lﬁg + kgo)Ne(Z??) + k?gl + ]{322
(6.197)

n(x104¢D) = 5 (@O CDNE) + QO D) + 589 ) +
(kgoN (277) -+ kgg) (XIO+(2P))

6.198
]{Zggn(Ng) + k24n( ) + ]{32671(02) ( )
LO+ :kln(OQ) + kgn(Ng) + klOn(N(QD)) (6199)
The loss term LO is added to the left hand side
1 1 o+
Qa((z + éAz), ¢) = Q3((z + iAZ% ¢) — L (6.200)

The right hand side is updated by

T4,e$plicit((z + %Az), ¢) T3 ea:plzczt((z + %Az), ¢) - Q(O+)_
(k1oNe(2) + ko1 )n(XTIOT(?P))—
(kosNe(2) + kor)n(X IO (D)) —

(kign(XTOT(?P)) + koun(XIOT(*D)))n(O)
(6.201)
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The lower boundary condition is specified by photochemical equilibrium n =
% leading to

Q4((2pot + %AZ), ¢) = Qu((2bor + %Az), @) — Po((2por + %Az), ¢)  (6.202)

1 1
T‘zexplicit((zbot + 5A2)7 ¢) = T4,e$plicit((zbot + 5A2)7 ¢)_
1 QOT)
2P ((2por + 5A2), 6.203
(0ot + 5 82) O) 5 o7 o 5 TAZ) — 0.5L0 (201 + 2A2) (6:203)
1
Py ((zbot + §AZ)’ »)=0 (6.204)

Solving for the number density of OT at each latitude leads to the updated
number densities n(O)w%+Al at the midpoints. The calculated values
for the number density of n(O")»%+Al are smoothed by a Fast Fourier
transformation leading to n(O%)%4t+4t - All the wave numbers larger than a
predefined value at each latitude are removed. The wave numbers are defined
in the module cons.F?7?. The values of the number densities at the timestep
t, are also updated by using

n(OJr)upd,t _ %(1 . Csmo)(n(OJr)tht + n(OJr)upd,tJrAt) + Csmon(OJr)t”

smo

(6.205)
with cgno = 0.95 The upper boundary values are set to zero
1
n(o-‘r)upd,tn (Ztop _ QAZ) =0 (6.206)
1
n(OF)ihs" (s10p — 5A2) =0 (6.207)

and the number density is set such that it has a minimum value of 1-107°.
1
n(OT)uPdin (7 4 §Az) >1-107° (6.208)

1
n(OF)uphin (5 4 5Az) >1-107° (6.209)

smo
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‘ physical field variable ‘ unit ‘ pressure level ‘ timestep
neutral  tempera- T, K midpoints tn
ture
neutral zonal veloc- Up em/s midpoints tn
ity
neutral meridional Up, cm/s midpoints tn
velocity
dimenionsless verti- WAt 1/s interfaces t+ At
cal velocity
mass mixing ratio Vo, — midpoints tn
O
mass mixing ratio Vo — midpoints tn
O
mean  molecular m g/mol interfaces t, + At
mass
electron tempera- T, K midpoints tn
ture
ion temperature T; K midpoints tn
electron density N, #/cm3 | interfaces tn
number density of || n(No(D))?? | #/cm® | midpoints tn
No(D)?7?
electrodynamic VEzB,x cm/s interface tn
drift velocity
electrodynamic VExBy em/s interfaces tn
drift velocity
electrodynamic VEzB,» cm/s interfaces tn
drift velocity
conversion  factor Nm cm3#niole midpoints??? tn
mmr to #/cm?
number density of || n(O")™ | #/cm® | midpoints??? tn
O+
number density of | n(O%)"»=2t | #/cm? | midpoints??? | t, — At

O-i—

Table 6.10: Input fields to subroutine oplus
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physical field

variable

‘ unit ‘ pressure level ‘ timestep ‘

number density of
O+
number density of
O+

n(0+)upd,tn

n(O—i—)upd,tn—i-At

#/cm?
#/cm?

midpoints???

midpoints???

tn

t, + At

Table 6.11: Output fields of subroutine oplus

physical field H variable ‘ unit ‘ pressure level ‘ timestep
heating from solar Q(*P) <4777 | interfaces tn
radiation 777

heating from solar | Q(OT(*D)) | %4777 | interfaces tn
radiation

heating from solar Q(O™) 22777 | interfaces tn
radiation 7777

chemical reaction k; 77 - =777
rates

Table 6.12: Module data of subroutine oplus
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7.1 Introduction

This report presents the governing equations, physical parameterizations and
numerical algorithms used in the NCAR Thermosphere-lonosphere-Electrodynamics
GCM version 1.8. The model description provides help on the major model
component, numerics and coding implementation.

The electrodynamic part of TIEGCM is a serial code, which uses finite
differencing to discretize the stationary electrostatic equation. We assume
that the field—lines are equipotential which reduces the 3D equation to 2D.
In addition, at low— and mid-latitude hemispheric symmetry of the electric
potential is assumed and therefore the electrodynamo equation is only solved
in one hemisphere. At high latitudes the electric potential is prescribed from
empirical models e.g. Heelis or Weimer [literature].

Conventions
command bold
template filenames italics
flags medium bold
directories, files slanted
source code typewrite

keywords emphasize
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7.2 Steady—State Electrodynamic Equations

The basic equations of the steady state electrodynamo are shown in this
chapter. If an equation is taken from [8]. then the additional equation num-
ber refers to the equation number in [8]. In the following the presentation of
the equations is based on the coding in the source code and might not look
straight forward in many places. For the location in the source code of the
equations it is referred to the subroutine names.

For longer time scales it is valid to assume steady state electrodynamics
with a divergence free current density J. It is also assumed that the conduc-
tivity along the magnetic field line is very high, thus there is no electric field
component in this direction. Therefore the electrodynamo equation can be
reduced to a two dimensional equation.

The current density is divergence free
V-J=0 (7.1)

The current density has an ohmic component transverse to the magnetic field
and parallel to the magnetic field line Jj; and a non—ohmic magnetospheric
component J,;. In the TIEGCM only the ohmic component transverse to
the magnetic field is considered by default. The other two components can
be added by the user which is discussed later in chapter 7.7.3 and 7.7.3. The
total current density is expressed by (eq. 2.1 in [8])

J:JP(E+UXB)+UHbX(E—i—uXB)—FJH—FJM (72)

with op and oy the Pedersen and Hall conductivities. The neutral wind is
denoted by u, the electric field by E and the geomagnetic field by B with b
the unit vector parallel to B.

The following relations are used to derive the electrodynamo equation.
For details it is referred to [8]. Apex coordinates are used with two sets of base
vectors e; and d; which are calculated in subroutine apxparm (see chapter
7.4). The directions of e; and d; are more or less in magnetic eastward, e,
and ds in downward or equatorward, and e; and dj3 in field line direction.
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(eq. 3.11- 3.13 in [§])

e = d2 X d3 (73)
€y = d3 X d1
e3 = d1 X dg

with (eq. 3.8- 3.10 in [8])

d, = Rycos\,,V o,
dg = —R()SZ’TLImV)\m
bo

d3=—— 7.8
3 ’dl X dg‘ ( )

The geomagnetic longitude and apex latitude are ¢,, and \,,, I,, is the
inclination of the geomagnetic field, Ry the radius to the reference height
Rg+ hg, and by the unit vector in the direction of the geomagnetic field. The
neutral wind u and the electric field E can be expressed in terms of the base
vectors which has the advantage that the components are constant along a
magnetic field line (eq. 4.5 in [8]).

U = Ug1€] + Uer€s with . =u-d; (7.9)
E= Ed1d1 + Ed2d2 with Edi =E- e; (710)

The geomagnetic field B is approximated by the main field By. We are using
the International Geomagnetic Reference Field (IGRF2000) in TIEGCM and
ignore the magnetic perturbation AB due to the external currents (eq. 3.10,
3.15, 4.4 in [8]).

BO = Begeg (711)

The current density can be expressed by
3
J="Jee; with J; = J - d; (7.13)
i=1

Using all the equations from above leads to the current density components
Je1 and Jeo (eq. 5.7, 5.8 in [8])

Jo = opd}(Eq + teaBes) + (opdy - dy — oy D)(Egy — te1 Bes) (7.14)
Jeg = (O’pdl . dg + O'HD)(Edl + UegBeg) -+ O'pd%(Edg — uelBeg) (715)
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The height integrated current density in magnetic eastward and downward/
equatorward direction are K,,4 and K,y. Knowing the current density J the
height integrated components can be calculated by (eq. 5.1, 5.2 in [8])

SuU J
Ky = |siniy| / el g (7.16)
s D
U JeQ

Km)\::F

SL

i) ds (7.17)

with the index (-),, standing for modified apex (see chapter 7.4). The inte-
gration is done along the field line and s; and sy are the lower and upper
boundary of the ionosphere, i.e. in the TIEGCM v 1.7 model 90 km to the
top of the model. The electrostatic field is the gradient of the electric po-
tential. Therefore the component of the electric field are (eq. 5.9, 5.10 in

8])

1 0P
Eno=FEn=— — 7.18
¢ i Rcos\,, 0¢,, ( )
1 0
E,=—FEpsinl, = ———— 7.19
A azstt RO (7.19)

Inserting equations (7.18) and (7.19) into the current density component
expressions (7.14) and (7.15), which then can be used to calculate the height
integrated current density in equations (7.16) and (7.17). This leads to (eq.
5.11, 5.12 in [8])

K = S Eme + SorEpr + K2, (7.20)
Koy = 2o Emg + By + K, (7.21)

The terms K n% and K2, are the wind driven height integrated current den-
sities which are the driving forces (eq. 5.19, 5.20 in [8]).

. U _gpd? ord: -d
K”DW’ = Bd’)’szn[m‘ / [ IZ) lueQ + (UH - %)Ud] ds (722)
s
v d;-d d?
KnD»L)\ = :FBe?)/ [(O'H + op 11) 2_)u62 — %uel} ds (723)

SL

The conductances in the equations (7.20) and (7.21) are (eq. 5.13-5.18 in
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[3])
sU d
Yo = |sinly,| / TP s (7.24)
Su O. d2
by 2
MW |sm[ | / (7.25)
sL
Su O'Pd1 . dg
Yo = / TP s (7.27)
st D
Ypr = £(En — o) (7.28)
Yag = F(Eu + Xo) (7.29)
(7.30)

Since current continuity applies, the divergence of the horizontal current K4
and K, has to be balanced by an upward current density .J,,,, at the top of
the ionospheric current sheet layer. (eq. 5.3 in [8])

—1 0K g n OK,\CO8\m

mr = Rcos)\m( O M

) (7.31)

Inserting the height integrated current densities (7.20) and (7.21) into equa-
tion (7.31) and assuming that in the closed field line region the field lines are
equipotential leads to (eq. 5.23 in [8])

o , Xi, 0d oD 0 O oD
»7 »T N1 cosAp,
9o om0 T Eogn )t apn] Phegg. T EmcosAn )
RaKDT _‘_RaKnDlzcos)\m +R2 )\ J
~ 00 Ol Ot
(7.32)
with 6‘)\ = % = % and Jy, = J3H 4+ JNH  The values (-)7 denote

the sum of the values from northern (-) and southern (-)*# hemisphere
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(eq. 5.24-5.29 [8])
T _ vWNH SH
Zips = Zps T 2o (
Sho= 5w + 257 (
S =S — 23 (7.35
Zqu,\ - EQYAH - zif (
(

KPT = KoM K 7.37
KX = K30 = K (738
In the source code the electrodynamo equation (7.32) is divided by Cof/\);’g/\o

with g the equally spaced distribution in modified apex latitudes A,, which
is irregular spaced. The latitudinal distribution is explained in more detail
in section 7.5.
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physical field H variable ‘ unit ‘ pressure level ‘ timestep ‘
neutral zonal wind U, o half tn
neutral meridional Up, o half tn,
wind

dimensionless verti- w % full tn
cal wind

geopotential height z cm full tn + At
Pedersen conduc- op S/m half tn
tivity

Hall conductivity oH S/m half tn
mean molecular m I full t, + At
mass

neutral  tempera- T, K half tn
ture

Table 7.1: Input fields to subroutine prep-dynamo

7.3 Input to the Electrodynamo

In subroutine prep-dynamo fields are prepared for the electrodynamo cal-
culation. The preparation includes reversing the order of the indexing, as
well as gathering the fields from the different processors to the master pro-
cessor. The electrodynamo part is still serial and therefore a gathering of all
the subdomains at the beginning and a distribution of the fields to all the
subdomains at the end has to be done.

The input to subroutine prep-dynamo is summarized in table 7.1. To
calculate the vertical neutral velocity w, the pressure scale height H in [em)]
is determined at first, assuming hydrostatic equilibrium for timescales longer
than a few minutes.

*T,
H="1"n (7.39)
myg
with R* the gas constant in [-5%%], T, the neutral temperature in [K], m

the mean molecular mass in [—2-] and ¢ acceleration of gravity in [<2]. The
mole s

dimensionless vertical wind W is

1dp
W=——— 7.40
ol (7.40)
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which is used to get the vertical wind at a constant pressure level by
w, = HW (7.41)

with the pressure p and Z—f the time rate of change following the fluid motion.
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7.4 Apex Coordinates

The apex and modified apex coordinate system is described in [8]. The apex
latitude A4 is constant along a field line with an apex height h 4.

A = Fcos (1 + h—A)’l/2 (7.42)
R,
with R, denoting the Earth radius at the equator and the £ sign for the
location of the field line foot point in the northern / southern geomagnetic
hemisphere. In the electrodynamo part of TIEGCM modified apex coordi-
nates are used. Modified apex coordinates \,, have a reference height hp
associated with them.

Rp + hR)71/2

A, = icos_l(R h
E A

(7.43)
The mean Earth radius is denoted by Rp assuming a spherical Earth. The
reference height hy is assumed to be the bottom boundary of the ionosphere
at hg = hg = 90km. One of the advantages for using modified apex latitudes
Am is that the field line foot point latitudes are continuous at the 90 km (for
TIEGCM) lower boundary of the model. Apex latitudes, in contrast, would
have a gap at low latitudes since only field line with an apex of at least 90 km
could be used for the field line integration. The apex longitude ¢4 and the
modified apex longitude ¢,, are the same. The apex routines are called once
per model run from program tgcm. The only input to the calculation of the
apex coordinate system in subroutine apxparm is the model year. If the
electric potential is not calculated in TIEGCM (input flag dynamo==0) the
magnetic field information as well as the information needed for the mapping
to and from the geographic to the geomagnetic grid is read from an existing
NetCDF-file. Note that even if the electric potential is not calculated a po-
tential pattern at high latitude can be prescribed.

In the subroutine apxparm the apex coordinates as well as the geomag-
netic main field and the base vectors are determined which are summarized
in table 7.2 and later used for the electrodynamo calculation. For each ge-
ographic grid point A4, ¢, the modified apex latitude and longitude A, ¢,
is calculated. The north—, east— and downward component, respectively, B,,
B, and B, of the main field By and the components of the base vector d;
and ds are determined. The base vectors d; and ds are more or less in
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‘ variable H description ‘ unit ‘
Ay Om modified apex coordinates radian
Bes(ho) magnetic field component in ez direction nT
B, (hy) downward magnetic field component Gauss
By(ho) main magnetic field strength Gauss
d; (ho) base vector approx. mag. eastward -
dy(ho) base vector approx. mag. down—/equatorward -
D(hy) |d; x da| -

Table 7.2: Apex quantities calculated in subroutine apxparm and used for
the calculation of the electric potential

magnetic eastward and down—/equatorward direction. B.3 is the main field
component in ez direction. The vector es is in the direction of the magnetic
field line and decreases with increasing altitude. In addition the quantity D
is calculated with D = |d; x da.

The magnetic field quantities B,(hy) and By(hg) are in units of [Gauss],
Bes(ho) is in [nT] and the coordinates A, and ¢,, in [rad] with hg the reference
height (90 km). The mapping from the geographic to the geomagnetic grid
and vice versa is done by bilinear interpolation. For each grid point the
surrounding grid points of the other grid are determined and the weighting
factor for each of these corner grid points are calculated.

7.5 Latitudinal modified apex grid

Within TIEGCM the distribution of the geomagnetic latitudinal grid points
is expressed in two different ways. One is the irregular distribution of mod-
ified apex latitudes A}, which gives a better distribution of the latitudinal
grid points by having more grid points close to the geomagnetic equator and
therefore resolves the equatorial electrojet better. The second expression of
latitudinal grid point distribution is equally spaced in modified apex latitude
Ar, and is denoted by Ag. The relation between the two is expressed by

o tang2@t) 2

= —tan\g + ———
Ry ando =+ (14 tan?X\o)>

with o = 1.668 and r; = 1.06e7. The radius Ry is the radius to the lower
boundary of the model at height hg. For each equally spaced Ay the latitude

(7.44)

tanA;,
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T T
lambda_m~*  +

Jatitude [deg]

Figure 7.1: Distribution of modified apex latitude points for Ay (crosses) and
A (pluses)

Ar is calculated. In addition a look up table is set up for equally one degree
spaced latitudes A, with the corresponding Ay determined by using Newton’s
methods. All the arrays are set up in subroutine consdyn. Figure 7.1 shows
the distribution of the grid points for \g and A}, for 97 latitudinal grid points.

7.6 Mapping from and to the geomagnetic
grid

The fields in table 7.3 are mapped from the geographic grid to the geo-
magnetic grid in subroutine transf. Subroutine transf is called from
subroutine dynamo once per timestep. The lower boundary of the TIEGCM
model (up to version 1.8) is at 97 km, however the field line integration
starts at hg = 90 km altitude, where the lower boundary of the ionosphere
is assumed to lie. Therefore the fields in table 7.3 needed for the field line
integration have to be extended downward. Three additional height levels
(k=-2 to 0) are introduced with k being the height index. The geopotential
height z is linearly extrapolated and the conductivities are assumed to vary
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‘ variable H description ‘ unit ‘ dimension ‘
op Pedersen conductivity | S/m 3D
oH Hall conductivity S/m 3D
zZ geopotential height cm 3D
sinl, (ho) inclination angle - 2D
Bes(ho) magnetic field component | T 2D
dide (1) base vector quantity - 2D
didi (pg) base vector quantity - 2D
d2de (1) base vector quantity - 2D
Ue1, Ueo neutral wind components | 3D

Table 7.3: Mapped fields in subroutine transf

exponentially.

2(k) = ho + (k +2)( ) for k=0 to -2 by -1

(7.45)

(z(k +3)—z2(k=13)

7 ) for k’ =0 to -2 by -1
ACped

(7.46)

1
2)) for k” =0 to -2 by -1
(7.47)

fachan

Note that the geopotential height is saved on full pressure levels (k) and the
conductivities on half pressure levels (k' = k+3). Therefore the geopotential
height z for the conductivity extension (eq. 7.46 and 7.47) is calculated at
half pressure levels denoted by e.g. kK = k + % The factors at which the
conductivities are assumed to decay below the lower boundary of the model
are facpeq = 5. X 10° and facpy = 3. x 10°

The neutral winds u are assumed to be constant between hy=90 to 97
km and can be expressed by

U = €U + €U (7.48)

with the base vectors e; (see [8]). The base vectors d; and e; satisfy d;e; = ¢;;
with d;; the Kronecker delta. The components u.; in magnetic eastward and
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uez in down—/equatorward direction at altitude h are calculated by

uer(h) = dy(h) - u(h) (7.49)
wea(h) = d(h) - u(h) (7.50)

The height variation of d;(h) and d;(h) is determined by

— [ZET0132q, () (7.51)

do(h) = | =—= ds(h 7.52
2(h) [RE+h) .—3.—]}%21%)6082)\7,1(]10) 2(ho) (7:52)

Ry + ho]g/z 4. — 3.c08* A (ho)
(4
with A, (hg) the modified apex value at height hy which is kept constant
vertically and thus representing the quasi—dipole latitude. In addition the
following quantities are calculated

d,-d;
— (7.53)
d; - dy
7.54
= (7.54)
d; - d
7.55
= (7.55)

These values are calculated at height hg. The values at the pole need spe-
cial treatment since we have different longitudinal grid points for one spatial
point. Therefore the pole values are extrapolated from the longitudinal av-
eraged values next to the pole.

_ 9 Zlon 'T(ZPOIB + 1) - Zlon x(lpole + 2)
lpote) = 8 nlon

(7.56)

with the latitudinal index of the pole l,0e and z(l,0e £ 1) denoting the values
one grid point off the south— and northpole respectively. The number of
geographic longitudinal grid points is nlon and ), . denotes the sum over
all longitudinal grid points. The following fields are processed: z(h), op(h),
op(h), uer(h), uea(h), dlbdl, d2bd2, dlbd2, sinl,,, Be.s. In addition, periodic
points for these fields are added.

The mapping from the geographic to the geomagnetic grid is done for each
latitude separately right before the integration along the field line which foot

point at this latitude. The field line integration is described in section 7.8.
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The geomagnetic equatorial values 0peq(h), Omeq(h), Uet eq(h), Uez,eq(h) have
to be known at each geomagnetic latitude and therefore are calculated before
the field line integration is done. The mapping from the geographic to the
geomagnetic grid is done by a bilinear interpolation. The surrounding geo-
graphic grid points for each geomagnetic grid point and the weighting factors
for each of the geographic points are determined in subroutine apxparm.
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7.7 High Latitude Input

7.7.1 Weimer

To use the high latitude potential as defined by Weimer the flag POTEN-
TIAL.MODEL = WEIMER in the input file of a TIEGCM has to be set.
However the Weimer high latitude potential is not working in the version 1.7
and 1.8 of TIEGCM. Please check newer version carefully.

7.7.2 Heelis

At high latitude the electric potential pattern can be prescribed as deter-
mined by Heelis. The calculation of the electric potential due to Heelis is not
described since we didn’t work on this part of the code. The Heelis potential
pattern is the default if the flag POTENTIAL_MODEL is not specified. The
Heelis model is also the basis for the high latitude modifications described

in the following sections. Therefore when using these modifications the flag
POTENTIAL_MODEL = HEELIS should be set in the input file.

7.7.3 Modification of the high latitude input

In the electrodynamo equation (7.32) we neglected so far the current part
Jar- between the ionosphere and magnetosphere. The current from the mag-
netosphere can be influenced by the electric field distribution, however the
mechanism is not fully understood. The total field-aligned current between
ionosphere and magnetosphere can be described as the divergence of a mag-
netospheric current KM

1 oK} 0K f‘/(l‘ COSAm,
"~ Rpcoshy, * Obp, 0| A

Jntr (7.57)

The height integrated current density K™ doesn’t have to be realistic, but
the divergence, i.e. the current Jy;,., should be. Using the divergence assures
that the integrated field-aligned current over both hemispheres vanishes, and
therefore there is no net current into the ionosphere. The two components
of the field-aligned current K £/1 and K ‘% , eastward and poleward/ upward,
can be differently defined depending on the acting region and the mimicking
mechanism. The different contributions are described in the following three
subsections. Note that in the default code non of these options is used. To
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use them one or all of the flags mod_heelis, J.rR and eqMgCnd have to be
set to .true. in the dynamo_module.

Field—aligned current

This part has not been tested yet, however the source code can be found
in subroutine calrhs_jrr. To use the field-aligned part the flag J xR =
.true. in dynamo_module has to be set. The magnetospheric current com-
ponents K}" and K |]‘/\4‘ for the field-aligned current can be derived from a
reference potential ®r which we assume is the Heelis potential for now. Us-
ing the Heelis potential leads to realistic magnitudes and directions in the
current, but might not represent correctly the field-aligned current in the
region 1.

o, Xh, 00g r 0Pg
KM= -2 — —_— 7.58
® Ry (cos)\m Ipm ‘“aumy) (7.58)
M f)\ T aq)R T @@R
KP\‘ = RocosAm (Z)\¢ ad)m + E}\)\COSAmm) (759)

The factor f, is set such that it’s 1 poleward of the the convection reversal
boundary A" and zero equatorward. Thus, the current represents region 1
current and is zero in the region 2.

=1 for |An| > A7 (7.60)
=0 for |\l < )\fﬁb (7.61)

In TIEGCM the value for the convection reversal boundary A< is set to 75°
in the module cons. Note that this is not a physical meaningful value since
the convection reversal boundary is fixed. For the modified reference po-
tential in section 7.7.3 a variable value for the convection reversal boundary
will be used which is set in the aurora module. The current components in
equations (7.58) and (7.59) are calculated in a similar way as the left hand
side of the electrodynamo equation, which is described in section 7.10. The
conductance expressions in equation (7.153)—(7.156) are used to calculate the
current components in equations (7.58) and (7.59), and therefore these con-
ductances are input to the subroutine calrhs_jrr where the current com-
ponents eq. (7.153)—(7.156) are calculated. The finite difference stencil for
the partial derivatives in equations (7.58) and (7.59) is set up in subroutine
nsstencil. In comparison to the set up of the finite difference stencil in



152 CHAPTER 7. ELECTRODYNAMICS

section 7.10 for the left hand side of the electrodynamo equation, here, it’s
done for both hemispheres and without upwinding technique. Once the finite
difference stencil is calculated the electric potential ®g is inserted, which is
done in subroutine insert_pot, to calculate the current components. Al-
though the calculation is done for both hemisphere, it is not necessary since
the used Heelis potential is symmetric about the equator and the coefficients
of the conductances in equations (7.153)—(7.156) are already the sum of the
two hemispheres. After calculating the current it is added to the right hand
side of the electrodynamo equation (7.32).

Equivalent magnetospheric conductances

The magnetospheric field-aligned current can be influenced by the electric
field distribution in the ionosphere, and therefore depend on the electric po-
tential. The region 2 current with the shielding effect of strong electric fields
from high to low latitude is an example of this magnetosphere—ionosphere
interaction. The region 2 current can be approximated by a Hall conductor.
In addition, the magnetospheric ion loss can be simulated by adding a zonal
Pedersen conductance. In TIEGCM we adopt the concept from [5] by using
equivalent magnetospheric conductances E%) and X¥. The magnetospheric
current in eq. (7.57) can be replaced by

—1, M 50 O
KM (%0 77 yM 7.62
o = Ty Ccoshn Bom T a0 (7.62)
M99
KM _ > 9®R .
A Rocos\,, 0¢, (7.63)

with E% and XY being the equivalent magnetospheric zonal Pedersen and
Hall conductances. The values of ¥} and %} are taken from figure 4 in [5]
and plotted in figure 7.2. In subroutine set_cicr the equivalent magneto-
spheric conductances are set up and added to the conductances due to solar
ionization and particle precipitation in subroutine add_cicr. In figure 7.2
the equivalent magnetospheric conductances start at 72° magnetic latitude
which is the convection reversal boundary for this specific case. However, the
convection reversal boundary varies with the geomagnetic conditions and the
location is determined in the aurora module. The contributions to the elec-
trodynamo equation due to the equivalent magnetospheric conductances are
calculated in a similar way as described in section 7.8 for the left hand side
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Figure 7.2: Latitudinal variation of equivalent magnetospheric conductances
¥4 (Cr) and X3 (C;) for the convection reversal boundary at 72°.

of the electrodynamo equation. The conductances are calculated on the ir-
regular spaced grid Ay, but for the finite differencing the regular grid A\ in
Ay, is used. Therefore, the difference in the partial derivatives due to the
change from A}, to Ap have to be taken into account, as described in table
7.5. The conductance quantities are then prepared for the finite differenc-
ing as shown in eq. (7.153) and (7.155) and added to the conductances due
to solar ionization and particle precipitation. To use the equivalent magne-
tospheric conductances, the flag eqMgCnd has to be set to .true. in the
dynamo_module.

Modified reference potential

In the region 1 the magnetospheric current in eq.(7.57) can be represented
by the combination of a field—aligned current described in section 7.7.3 and
a reference electric potential distribution ®. The later is described in the
following. The contribution to the magnetospheric current from a reference
potential can be specified by

DR 9(DF — )

M _
Ko = Rocos, O (7.64)
YRR — @)
K ="/ :
1Al Ro Obm (7.65)

The reference conductance X is not a physical conductance, but determines
how strongly the calculated electric potential ® reflects the reference poten-
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tial ®. The reference conductance is set to

SR —min (S8, Syl E 1)) for M| > AT (7.66)

SR =0 for |\ < AP (7.67)

with a; being the width of the transition zone, here 3°, equatorward of the
convection reversal boundary A\’. The maximum reference conductance
RI s set to 10,000 S and the base conductance ¥ is 5 S. In the polar cap
region the electric potential should be the reference potential. In the source
code the Heelis potential is used for the reference potential ®. The convec-
tion reversal boundary is denoted by A\°. which varies with the geomagnetic
conditions, and is set in the aurora module. In figure 7.3 the latitudinal

variation of the reference conductance X% is shown for A\&° = 72°.

In the source code the calling tree is the following

subroutine dynamo

if (mod_heelis) then
if(istep = 1 ) then call set_zigmar
call add_zigmar
call diff_rimr
call add_rimr
endif

To use the modified reference potential the flag mod_heelis in the dynamo_module
has to be set to .true.. The current in the equations (7.64) and (7.65) are
calculated like the left hand side of the electrodynamo equation which is de-
scribed in section 7.10. The reference conductances L# are calculated accord-
ing to eq. (7.66) and (7.67) in subroutine set_zigmar. The coefficients of
the reference conductance are added in subroutine add_zigmar to the con-
ductances g4, and Xy of the electrodynamo equation. The finite difference
stencil is set up in subroutine diff rimr by subroutine nsstencil. In
comparison to the set up of the stencil for the left hand side of the electrody-
namo equation, in section 7.10, the stencil is calculated for both hemispheres
and no upwinding technique are used. Once the finite difference stencil is
calculated the electric potential ®x is inserted to calculate the additional
current for the right hand side of the electrodynamo equation in subroutine
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Figure 7.3: Latitudinal variation of reference conductance L for A& = 72°

insert_pot. Although the additional current is determined for both hemi-
sphere separately, this is not necessary since the reference potential and the
coefficients of X are symmetric about the equator.
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Figure 7.4: Sketch of geometry for the field-line integration

7.8 Field line Integration
This section refers to the subroutine fieldline_integrals in TIEGCM.

The electrodynamo equation is reduced to two dimensions assuming that
the field-lines are equipotential due to the high conductivity along the field—
line. The variable along the field line is s, and s;, and sy are the lower and
upper boundary of the line-integration. The inclination of the geomagnetic
field-line at the reference height hy on an assumed spherical Earth is I,,,, and
B.3 is the component of the geomagnetic field along the field-line. Note that
all value,s except the geopotential height z, are stored on half pressure levels
to make the integration more convenient.

Approximation of field line values The correct way to do the field line
integration would be to trace points along the field line. However, the geo-
magnetic grid in TIEGCM is not oriented along the field line, and therefore
the tracking would involve a two dimensional search and an interpolation to
calculate the value on the field line. This can be computational expensive
and therefore an approximation, which should be close to the true field line
integration, is used. The field line integration is approximated by a height
integration combined with an interpolation between the height-varying val-
ues at the foot point of the field line (\,,, h) and the magnetic equator
(A = 0,h) (see. figure 7.4). Hence, only the height varying values at the
foot point location (A, h) are needed. Figure 7.4 shows schematically a field
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line with the foot point latitude A, at the reference height hy. The value x
at height h on the field line is approximated by the value z, at the equator
and height h and the value z,, at foot point latitude \,, and height h.

T = WGteqTeq + WG T, (7.68)

with the weights wgt., for the equator value and wgt,, for the foot point

value. From figure 7.4 the weight can be found as

Am = A sin(Ayn — A)
A A

wgteq = (769)

assuming that the difference A, — A is small, which is true close to the foot
point of the field line. Note that determining A would involve searching for
the point on the field line at height h which is time consuming, thus the
sinus is used. For field lines which foot point is at mid— and height latitude
the value on the field line is essentially the height—varying value at the foot
point, since the field line is almost vertical. Close to the magnetic equator the
approximation is not so good anymore but the inaccuracy can be neglected
when compared to the total field line integration. The term sin(\,, — \) can
be substituted by

SIN( A — A) = SINA,COSA — cOSA, SINA (7.70)

and since for a dipolar field R = Racos?)\ the cos\ and sin) in equation
(7.70) can be substituted by

cos\ =/ %; sinA = 4/1— }%; (7.71)
COSAm =1 | %; sinAy, =4/1 — %; (7.72)

with R4 the radius of the field-line apex (see figure 7.4). The weighting

factors are
WGty R —\/1 - —\/ \/ \/1 - — (7.73)

WGt (7.74)
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The quantities on the field—line at (h, A) are therefore approximated by

op(h,A) = wgtey(h, Aeg)op(hy Aeq) + watn (R Am)op(hy A (7.75)
ou(h, A) = wgteg(h, Aeg)om (R, Aeq) + wgtn,(hy M) o (hy A (7.76)
Ue1 (R, A) = wgteqtier (B, Aeg) (s Aeq) + WGt (hy Ay ter (B, M) (7.77)
Uez (R, A) = wgtequea(h, Aeg) (B, Aeq) + w3t (hy M) ttea (b, M) (7.78)
Height variation of d; and d,  The apex values d—D%, % and % are

referenced to height hg (see section 7.4). The height variation of these values
are small, but should be taken into account. The values d;, ds and D vary
with height like

o4 (7.79
RO} [ 4 — 3cos®\ }
R- "4 — 3%6082/\

di(h) = |

dj(h) = | d3(ho) (7.80)

Ro 3 4 — 36082)\ 1/2
Dh)=dy-dy=(—=) (———=) ""D(h 7.81
(h) b <R) <4—3%0032/\) (ho) (7.81)
Using the dipole approximation cos?\ = R—}i we can approximate the height
variation by
di(h) (RA - 3R0>1/2d§(h0) _ 1 di(ho) (7.82)
D(h) ~ “Ra—3R’ D(ho)  hyee D(ho) ’
d3(h Ra—2R 1pd3(h d3(h
5(h) _( A 34 )1/2 5(ho) = hfac 5(ho) (7.83)
D(h) ~ “Ra—2R,’ D(ho) D(ho)

Approximation of ds along the field line Since the integration is done
in height rather than along the field-line ds in equations (7.24)—(7.29) is
expressed in terms of height h.

dh
- 84
ds |sinl| (7.84)

However, sinl is going to zero at the magnetic equator and ds would be
infinite. Therefore, we have to approximate the relation in equation (7.84).
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Starting from the calculation of sin/ and using the dipole approximation
cos®\ = R—RA leads to

. 2sinA ha—h
sin]l = —— =2 7.8
V4 — 3cos2 )\ \/RE +4h4 — 3h ( )

The numerator /h 4 — h varies more than the denominator. Therefore equa-
tion (7.84) is written as

dh A(h)dh
— = —A(h)d\/hy —h = ——Fre 7.86
° |sinl| (7) 4 2vha —h (7.86)
with A(h) is the area at height h. The minus sign is introduced since ds

should increase with increasing height. From equation (7.86) follows that
the area A(h) and A(hg) at the reference height is

2Vha —h 2v/Toa — By

A(h) = i A(hg) = .
(h) |sinI| (ho) |sin,,| (7.87)
Thus, the height varying factor is
A(h) . 2\/ hA —h |SZTLIm‘ . RA - %R (7 88)

A(hy) lsinI|  2yhs—ho \| Ra—3Ry

substituting the inclination angle sinl and sinl,, from equation (7.85). In-
serting equation (7.87) for A(hg) in equation (7.86) will give

Ay~ 2/ [Ra= 3R
|sinl,,| R4 — 3Ry

— A(ho)hsae (7.89)

The height varying factor A(h) consists of two terms: a height dependent
factor h .. which was already defined in equation (7.83) and a height inde-
pendent term A(hy).
The factor —dv/hs —h in equation (7.84) at the pressure level k can be
discretized as follows

—dj/ha —h = \/ha—ht —\/ha— hit (7.90)

with k being the index of the discrete pressure levels. Note that the geopo-
tential height z is used for h which is stored at full pressure levels. The
increment along the field line in eq. (7.86) can be written as

ds = — A(ho)hacdr/Tis — h (7.91)
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‘ quantity H name in source code ‘ unit ‘
e zigm11 S
‘Sinlm‘z)\)\ 21gm22 S
Yo zigme S
Yu zigm?2 S
KD, .
Ty rim(1) A/m
+KP, rim(2) A/m

Table 7.4: line integrated

quantities

CHAPTER 7. ELECTRODYNAMICS

subroutine

fieldline_integrals

Field line integration The following fields are calculated (see also equa-
tions 7.22, 7.23, 7.24, 7.25, 7.28, 7.29) using the field line integration

E(M) /SU de%
. B d 7.92
|sindy,| s, D ° (7.92)
SU d2
|sind, Sy = / U’;) 2 4s (7.93)
sL
U gpdy - d
o = / %ds (7.94)
sL
sU
sL

K, U [opd? d; -d
: meo = Be3(h0)/ [bueg + (UH — M) u61:| ds (796)
st D D

sU d2 d d
_KP, = +Buy(ho) / {_ap S 4 (JH +M) UBQ} ds (7.07)
sL

D D

The field line integration is approximated by taking the sum over all pressure
level k (k = -2 to mlev, with mlev the number of pressure levels). With
the approximations of the field line integration in the previous section, the
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integrals in equations (7.92)—(7.97) are calculated by

E(M) d% mlev
=—A(hy)—=(h dgv/ ha—h 7.98
]sz’n[m\ ( O)D( 0) kz_:QUP,k k A ( )
d2 mlev
|sind,,|San = —A(ho)ﬁ(ho) > opihferdiN/ha —h (7.99)
k=-2
d1 ) dg mlev
ZC = —A(ho) D (ho) Z UP,khfac,kdk\/ hA — h (7100)
k=—2
mlev
ZH = —A(ho) Z UH,khfac,kdk\/ hA — h (7101)
k=—2
K}-Z mlev d2
!Sin;) | = —BezA(ho) Z [JP,kﬁl(hO)ueZk + O kel kP fac ki —
m k=—2
d,-d
opPk ID 2 (ho)uet khfack]dr/ha — h
mlev d. -d
_KnDaL)\ = :l:BeZSA(hO) Z [JH,kueZkffac,k + OPk lD 2 (th)ueZkhfac,k_
k=—2
d3

UP,kB(ho)uel,kh?ac,k}dk Vha—nh
(7.102)

After the field line integration is carried out the equatorial field line integral
values are set, as well as the equatorial boundary condition is included. Fi-
nally, the coefficients of the partial differential equation are modified to take
into account that the finite differencing is done with respect to the equally
spaced grid with Ay which is a function of A} , although the derivatives are
calculated on the irregular grid with A} . These tasks are carried out in
subroutine transf of TIEGCM and described in the following.

Equatorial values The values at the geomagnetic equator are approxi-
mated since no field line integration can be performed. It is assumed that
the average along a field line for a quantities which primarily depend on the
Pedersen conductivity op increase by a factor of four from one field line to
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the next higher one. The average along a field line for quantities mainly
dependent on Hall conductivity oy vary by 0.83 from one field line to the
next higher one. The exact value should not be important for the electric
potential calculation, as long as the values are physically reasonable and not
too different than those of adjacent field lines. The factor of % is introduced
to take the adding of the two hemispheres into account, which is done later.

|sind | EXaneq = %%\sinlm]ZA,\@HA)\m (7.104)

Seq = %izaeﬁmm (7.105)

Sieq = 50125 m 000, (7.106)

Kingeo _ lo.wM (7.107)
|sin,| 2 |sind,y,|

KD eq = %O.lQK},ZA,eq AN (7.108)

Equatorial boundary condition At the equator the northward height
integrated current density has to vanish (see [8] eq. 5.30 or 5.31).

Koy =0 (7.109)
Solving equation (5.31) in [8] for 8‘9)% leads to
00 1 She 0D
—— = —[RoKL, — —— 7.110
MmO Bl oS\ 8¢m] ( )

which is substituted into the electrodynamo equation (7.32). Due to the
special geometry at the geomagnetic equator with horizontal field lines we
can use the Cowling conductivity

DIFSO
2C’owlmg = 2¢¢> e (7111)
2
and get
) S AnCOS A= | =
S0 coshn B0, T A Mg, T IO An g
9 EW\ aKD}: R (7.112)
R KD o KD R mACoSAm
Oa¢m[ me Z)\)\ M)\]_‘_ ° a‘)‘m‘
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Therefore the value —22 (see table 7.4) at the geomagnetic equator has to

|sinlm|
be modified by
mod
265 _ [ e TpDag (7113)
|sind,y,| sinl,|  Yalsindyl],, '

D
as well as the value % (see table 7.4) by

KD,mod KD ¥ KD
mabeq _{ me Koy } (7.114)
eq

sindy| — ||sindy]  Saa|sind,)
Transformation from )\’ to )y The geomagnetic latitudinal grid A}, is
irregular spaced in latitude. For convenience the derivatives are taken with
respect to A which is equally spaced in A},. Therefore, the electrodynamo
equation (see also eq. 7.32) can be written with A, = A,

0, Ny 0D 0P ) 0P 0P

by b by ) Np——
9o Ccosnr 96 T I ape )t ape ] P, T Imeos g
OKP OKP cos\*
— R me R mA\ m R2 /\* er
90, + a’)\m + R°cosA,,
(7.115)

and has to be transformed to account for the change to A\g. Note that the
longitude is not changing. The whole equation is multiplied by %’\TTS which
lead to

ox;, 0 ( Yps c0SAg OP S N 8<I>>

o Oy \COSAg COSNE Dby OV ONE DA

oX: 0 0P cos\: 0Ny 0P

m ) YA COSA m

e (%:;1( W T Encoshe s (9/\0) (7.116)
ONF 8KD¢ aKD)\COS/\OCOS)i” ON*

= Ry—2_ T = 80 4+ RicosAm— e
Do Dom T I T hocostm gy

The electrodynamo equation is multiplied by %’\T% to avoid problems at the

1
sinlm

geomagnetic equator due to which is not defined at the equator, however

smlz 66;\3 is defined at the equator. The quantities after the transformation

are listed in table (7.5) with (-)(0) denoting the quantity (-) referenced to
Ao The polar values of the conductances are calculated by extrapolated




164 CHAPTER 7. ELECTRODYNAMICS

‘ quantity H name in source code ‘ unit ‘
E(M)(O) = mgmll S
coshg O},
elo) cosAf, 0o
Z)\A(O) = Zlgm22 S
cosA), O\
AA coshg O},
20(0) = EC Zing S
Yu(0) =X zigm2 S
KD, (0) = Knjzd)%’\T% rim(1) A/m
+KP, (0) = rim(2) A/m
D_cosAy,
K o

Table 7.5: Quantities after the transformation at the end of subroutine
transf

weighting e.g. for a quantity x the polar value is determined by

nmlon nmlon

(4. Z (i, fpote F1) = D 2(i, fpote F2)]  (7.117)

i= i=1

1

#(pote) = 3nmlon
with nmlon the number of longitudes and j,q. the latitudinal index at the
north / south pole and the F sign referring to the poles respectively. The
height integrated current densities K,(0) and K[, (0) are averaged over
the pole. Note that the electrodynamo equation is not solved at the pole,
however the polar values are needed for the finite differencing.
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7.9 Gravity and plasma pressure driven cur-
rent

7.9.1 Gravity Driven Current

This section refers to the subroutine magpres_grav in TIEGCM. Note that
the units in this section are the units used in the source code of TIEGCM.
By default the gravity driven current is calculated for a model run. To
omit the gravity and plasma pressure driven current the flag j_pg=.false. in
magpres_g-module has to be set.

The current driven by gravity can be calculated by

1
J,(h) = =——=piong(h) x B(h 7.118
with B [Gauss] the Earth main magnetic field, the ion density pion [-t5),
and g(h) [%] the gravitational acceleration at height h. The gravitational
field gets weaker with height and therefore the gravitational acceleration at
reference height hy = 90 km is scaled by

g(h) = (%)Qg(ho) (7.119)

with R = Rg+h and Rg the mean Earth radius. The radius of the reference
height is Ry = Rg + hg. The ion density is determined by

Pion = M; an‘mi with i =0%,0*" N*,N* NO* (7.120)

with the mass of a unit atomic weight M; [g], n; [-15] the ion number density
of the species i and m; its corresponding atomic weight. Combining equations
(7.119) and (7.120) and converting from [z%—] to [Sfig] will introduce an
additional factor of 10 (see equation 7.122).

The height variation of the Earth main magnetic field is approximated by

B(h) (%)3B(h0) (7.121)

with B(hg) [Gaus| referenced to hyg. The components of the main field
are B = (b;,b,,b,) the north—, east— and downward components or B =
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(bg,,br,,bz,) with ¢4, Ay and z, the directions in geographic longitude, lati-
tude and upward height respectively. The current in [C#] due to the gravi-
tational force is calculated at half pressure levels k& + % by

R 1
Jg,kJr% = 10?{) B_(Q)pzong(hO)(bx> _by> 0) (7122)

Note that in the TIEGCM code most quantities are evaluated at half levels
k-3 and stored at level &’ with ()’ denoting the half levels (-) + % in contrast
to k which is the full pressure level k. Therefore R and p;,, in equation (7.122)

must be evaluated at the half level k + %

7.9.2 Plasma Pressure Gradient Driven Current

This section refers to the subroutine magpres_grav in TIEGCM. Note that
the units in this section are the units used in the source code of TIEGCM.
The plasma pressure gradient driven current is calculated by default for a
model run. To omit the gravity and plasma pressure driven current the flag
j-pg=.false. in magpres_g module has to be set.

The current due to the plasma pressure gradient Vp, is

J, = —ﬁvpp x B(h) (7.123)

with the plasma pressure
Vp, = kgVI[(T; + T.)N]| (7.124)

The Boltzmann constant is denoted by kg; T;, T. and N, are the ion temper-
ature [K], the electron temperature [K] and the electron density [—5]. The
gradient V is taken in the geographic direction (V4,, V,, Vy,).

The vertical gradient V. p, is approximated at the half pressure level £ + %
by

Ne g1 — Ne
VePppss = 10kp | =T, 4 T,), 1+
T Zk+1 — 2k 2 (7.125)
(E + Te)k—I—I - (E + Te)kN ‘
e,k—f—%

Zk4+1 — 2k
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with the geopotential height z in [cm]. The factor of 10 takes the conversion
from [zZ-] to [Sfig] into account.

The plasma pressure gradient in geographic eastward direction at the half
pressure level k + % and geographic longitude ¢, and geographic latitude A,

is approximated by

\% =10k
Polpts BQAquH%cos)\g

(Ne(By + A6,) = Noldy — 80y) 1 (Ti0g) + Teld)) i1 +

((E + Te)(¢g + Ad)g) - (E + Te)(d)g - A¢g))k+%N(¢g)e,k+%
(7.126)

with A¢, the discrete step size in the eastward direction and the radius R, +1
at the half pressure level.

The plasma pressure gradient in geographic north direction at the half pres-
sure level k + % and geographic longitude ¢, and geographic latitude A, is
approximated by

1
2AMR,,

(Neg + AXg) = No(rg = AN)) 3 (i) + To(Ag)i 1+

vAgpp,k-I—% :10kB

((Ti +Te)(Ag + ANg) = (Ti + T2 ) (Ag — A/\g))H%N(Ag)e,H%
(7.127)

with A\, the discrete step size in the northward direction. At the geographic
poles we set

Vi, Ppia(Ag = £90°) = 0 (7.128)

Inserting the derivatives (7.125), (7.126) and (7.127) into equation (7.124)
lead to
Vo,
Vpp = 10k | Vo, | (T + TN, 5, 00 (7.129)
V.,
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with Vp, in [Sfﬁ] The cross product with the geomagnetic field vector from
equation (7.123) can be written as
\% b
10ks (( R\ [ 2% v
T by Aokl = 5z (ﬁ) Vi | X | b | [(T5+ Te)Nelg, a2
0 0 V., —b,

_v)\g bz - Vnga:
V.by + Vg, b
Vg, bz — Vi, by

10k
Bj

(i)

The height variation of the magnetic field is approximated by the factor
(}%)3. The calculated current vectors J, and J, have to be rotated to point

in the geomagnetic direction.

[(TZ + Te)Ne]%,)\g,kJr%

(7.130)

1 d
I = 51 T (7.131)
1 d
I = 52 T (7.132)

with d; and dy denoting the vectors in quasi magnetic eastward and down/
equatorward direction. The quantity D varies with the strength of the geo-
magnetic field and the distortion of the geomagnetic field from a pure dipole
field. The quantity D can be calculated by using the vectors d; and ds

D = |d; x dy (7.133)

The vectors dj(hg) and da(hg) as well as D(hg) are only calculated at the
reference height hg. The height variation is approximated by

V4 — 3cos? M\,
\/4 — 3%0032)\”1
(7.134)

Considering equation (7.133) the quantity % varies like d% and % varies like
1

dﬂmzdwm(%qg

di(h) = di(ho) <%) %;

The current at top pressure level of the model is extrapolated using

d;-
3 1
25 _ D,g 0,9
elkmazts 9 elkmaz—2  9“elkmaz—3 (7.135)
4y .y ey (7.136)

327kma2+% - 2 627kmam*%

9“2 kmaz—3

with k00 + % the index of the highest pressure level.
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7.9.3 Field—line Integration

This section describes how the gravity and plasma pressure gradient driven
current is added to forcing of the electrodynamo equation. The gravity and
plasma pressure gradient driven current is therefore added to the current
driven by the neutral wind. The current of the different sources are combined
in subroutine fieldline_integrals, before the field line integration. The
field line integration itself is described in section 7.8.

The height-integrated eastward current density K, see eq. (7.22), is cal-
culated and included on the right hand side of the electrodynamo equation
(7.32). The current J%;? due to gravity and plasma pressure gradient is added.

el JDl ']plg
Koy = |sind, |/L ds = Bes|sinl,, \/L {5 B;D} ds  (7.137)

with s the line-integral variable and sy, and sy the lower and upper boundary
of the line-integration. The inclination of the geomagnetic field line at the
reference height hy on an assumed spherical Earth is I,,, and B.3 the compo-
nent of the geomagnetic field along the field-line. The eastward current J.;
has a contribution from the neutral winds J5 and from the plasma pressure
and gravity term J%7.
The field-line integration is approximated by a height—integration combined
with an interpolation between the height-varying values at the foot point of
the field line ()\,,) and at the magnetic equator (A = 0) which is described in
section 7.8. Figure 7.4 shows schematically that for a field line with the foot
point at the reference height hg and latitude A, the value x4 at height i on
the field line is approximated by the value z., at the equator and value x,,
at foot point )\, and height h. The calculation of the weighting factors z
and wgt., for the interpolation are described in section 7.8 equations (7.68)
and (7.69).

Therefore the eastward current at (A, k) on the field line is approximated
by

JEI (A, h) = wgteq(h, )‘eq)Jflgeq()‘eq’ h) 4+ wgt,(Am, h)Jflgm()‘m> h) (7.138)
Since the integration is done in height rather than along the field-line, ds in
equation 7.137 is expressed in terms of height h. The conversion from field
line integration to height is shown in section 7.8. The increment ds along the
field line is substituted by eq. (7.91). The contribution K}% to the height
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integrated eastward current is the sum over all pressure level k

2
K4

|sind,y,|

104J§ig()‘7hk+%) 10_2h o -
Bes(ho)D(hy, 1) fac(— \/ﬁ )

(7.139)
The factor 10* converts the current from [-2;] to [-2] and the factor 1072
converts ds from [cm] to [m]. The north—/upward height integrated current
density is

sU J62 sU
KmA::F/ —ds = :FBe?)/
s D

SL

= Bes(ho)A(ho) Y _

JBJBy
& © d .14
{D + BouD s (7.140)

With the above mentioned approximation of the field line integration the
contribution from the plasma pressure gradient and the gravity driven current
is the sum over all pressure level k

104J§ég()\> hk+l])
2 10 %hsge(dy [ha — By 1
Beg(ho)D(thr%) f ( A k-l—;)

(7.141)

K3 = £Bes(ho) A(ho) Z
k
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7.10 Finite Differencing

Hemispheric symmetry As mentioned in section 7.2 we assume that the
conductivity along the magnetic field line is very large, thus conjugate foot
points are equipotential. To get a symmetric potential pattern we add the
conductances and wind driven current densities of the two hemispheres to-
gether and solve for only one. The symmetry of the potential pattern is only
valid at low— and mid—latitudes with closed field lines. At high latitudes the
electric potential is specially treated as discussed in section 7.7.

The added together values from the northern and southern hemisphere
are denoted by ()7 (see equation (7.33)—(7.38)). In the source code in
subroutine dynamo the following values are calculated

0s(0) = 3577 (0) + 235 (0)

(0) ( )

S (0) = 3 (0) + £351(0) (7.143)
—5(0) = —(5g"(0) — 227(0)) (7.144)
»1(0) = 28 (0) — £97(0) (7.145)
KPT(0) = K27 (0) + Ko7 (0) (7.146)
K23 (0) = KM (0) — K527 (0) (7.147)

Note that in the source code —X%(0) is put into ZIGMC, and that —K 3% (0)
was saved in RIM(2). The hemispherically added values are saved in the
latitude indices of the northern hemisphere from (nmlat 4+ 1)/2, which is
the index for the equator, to the pole at nmlat. The number of magnetic
latitudes is nmlat.

Differencing of the right hand side In subroutine rhspde the right
hand side is differentiated.

0K 5 (0)  OKET (O)COS/\O}
Oy 0ol

rhs = I (7.148)
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A central differencing scheme is used which leads to the derivative at the
location ¢(), Ao(j)

rhs(i, j) :#&0@ [KDT0)(6+1,5) — KRT(0)(i — 1, 5)]+
ﬁ()l)\o(j) [Kﬁf(o)(i,j +1)cosAg(j + 1)— (7.149)

KDY (0)(i, 5 — 1)cosAo(j — 1)]

with i, j the longitudinal and latitudinal index and the adjacent grid points
1+ 1,7 £ 1. The polar derivative is approximated by

mlon

T[S KB~ D] (7.150)

~cosho(j — Dmion

Ths(iajpole) -

At the magnetic equator the northward current K, has to vanish see equa-
tion (7.109) or in [8] eq. (5.30) or (5.31). Therefore the right hand side
derivatives are discretized by

.. RO D ,modT . 1 . D modT . 1 .
- [P = ded) — K2 _
rhs(za]eq) AQSCOS)\O(jeq) |: meo (O)(Z + 2>]eq) meo (0)(7’ 2736q)]+
2R, . 1 , 1
A—/\o [KnDK(O) (Zvjeq + 5)605/\00&1 + 5)}
(7.151)

with Kn[;’bm"d the modified height integrated eastward current density due
to neutral winds Kn%, see equation (7.114). It is referred to section 7.10
eq. (7.171)—(7.173) for explanation of the discrete boundary condition at the
magnetic equator. At the geomagnetic equator cosAo(je,) = 1 and equation
(7.151) can be written as

.. R mo . . mo . .
rhsisjeo) =575 B ™" O+ 1, jea) = K" (00 = 1)+
R o . .
A—)(\)o [Kanf(O)(Z>Jeq + 1)cosAo(jeg + 1) + Kn?f@)(%]@t])]

(7.152)

The whole right hand side is multiplied by Ry in [m] to get eq. (7.148).
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Differencing of the left hand side In this paragraph the finite differ-
encing of the left hand side of the electrodynamo equation is discussed. In
the source code the calling tree for the differencing is the following:

subroutine dynamo

if (isolve == 2) then
call stencmd
call htrpex
call cnmmod
call cnm
else
call stencil
call htrpex
call cnm
endif

The flag isolve=2 means that at the finest grid level an additional coefficient
matrix is set up without upwinding for terms violating the diagonal dom-
inance (see paragraph further down in this section). The multigrid solver
which is discussed in section 7.11 uses the coefficient matrix without up-
winding to calculate the residual on the finest grid level. At all other grid
levels the coefficient matrix with upwinding is used to solve for the residual.
If isolve# 2 the upwinding method is applied at all grid levels to solve for
the electric potential. For more information about the different option with
the multigrid solver we refer to section 7.11.
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In subroutine dynamo the conductances are prepared for the finite dif-
ferencing. The conductance coefficients represent

L)
coSAgAP?
$1,(0)cosAg
ANZ
550
AAN A
550
AAN AP

— zigm11 (7.153)

B = — 2igm22 (7.154)

C — zigmce (7.155)

— zigm2 (7.156)

with zigm11l, zigm22 zigmc, zigm2 the variable names in the source code.
Note that the factor of four is introduced due to the central differencing.
Both hemisphere are already added together and the coefficients are stored
in the index range of the "northern hemisphere” ((nmlat+1)/2 to nmlat). In
the ”southern hemisphere” index range (1 to (nmlat+1)/2), the same values
are stored as in the northern range ((nmlat+1)/2 to nmlat) except of the
two mixed terms which change sign.

gme(SH Z(0) 7.157
AgmelSH) = ~ 33 As (7157
jgm2(SH Z(0) 7.158
Agm2ASH) = ~ 155 80 (7159
sT.(0) . . . . .
The polar value of COS‘;’\‘S ag7 18 set to zero to avoid floating point exception.

The polar value is not used in the electrodynamo equation since the potential
at the pole is prescribed.

The subroutine stencmd or subroutine stencil is called for each con-
ductance term eq. (7.153)—(7.156) and the finite difference stencil is updated
for the contributions of the corresponding conductance term. First the con-
ductance is copied into a working array in subroutine htrpex and the lon-
gitudinal wrap around points, necessary for the longitudinal derivatives, are
set. Note that there are 5 different grid levels and therefore there are 16 ad-
ditional points on either side of the working array. The working array stores
the values from the equator (index 1) to the pole (index (nmlat+1)/2).
The contributions to the stencil from the different conductances are deter-
mined in subroutine cnmmod and/or subroutine cnm. Subroutine cnmmod
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is called if the flag isolve=2 is set, and then only for the finest grid level This
subroutine sets up the coefficient stencil without upwinding method. At all
the other grid levels upwinding may be used if necessary. For isolve # 2
all the stencils are determined with upwinding methods if necessary, which
is done in subroutine cnm. Please read section 7.11 for more information
about the different solver types (flag isolve).

From equation (7.116) and the values in table 7.5 we get the following
left hand side of the electrodynamo equation.

0 T0) 0@ . O
cosXg lhs ~ddo ( coshg Oy qs)‘(o)a)\o)jL (7.159)
a - a@ T a@
oy 50, + EnOcoshoz0)

Note that the right hand side rhs in equation (7.148) is already divided by
cos\g therefore we have to include the cos\y on the left hand side of eq.
(7.159). Replacing the two terms in the brackets in eq. (7.159) by

ST(0) 09 . 9D

= coshe Do ¢A(0)3—A0 (7.160)
T\ :zfd)(())% + ZfA(O)cos)\og—i (7.161)

leads to
cosAg lhs = %%T(ﬁ + ai)\oT,\ (7.162)

For clarity we will omit the dependence on Ay shown by (-)(0) in the following
e.g. we write ¥}, instead off X7, (0). Using central differencing for the finite
differences gives

A¢O A)\O

cosg Lhs = (7.163)
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Figure 7.5: Geometry for the 9 point stencil

with

1 ST Gi+2,))®6+1,5)— 3,4
2 cosho(7) Adyg

ZONDX A
1 Y —19) 3, 5) — PG — 1,
2 coso(j) Agyo

2 il 1)Mo( i (7.164)
o1 1P +s5,+35)—Ple—5,5+ 5
TA(Z,J+§) :2§¢(27]+§) 2 QA% 2 2=+

it 13, + 1) — B,
zz:)\(%]‘i__)COS)\O(]—i——) (@, ) (4, 7)

2 2 Ao
T)\(Z7j - 5) :Ez:d)(lﬁ.] - 5) 2 2 A¢O 2 2 +

1 1,93, 5) — (6,5 — 1)
Ef)\(z,] — 5)008)\@(] — 5) A

The numbering of the nine point stencil can be seen in figure 7.5 with the
index i denoting the longitude and the index j for the latitude. The values
at half grid points e.g. (i + %, j) are determined by averaging the values of
the adjacent grid points, e.g.

1 1 . . .
S (i + 5,3) =3 (20530 +1,5) + 35,4, )] (7.165)
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Accordingly, the values at (i — 3, j), (i, j+3) and (¢, j — 3) can be calculated.
The difference at half points in latitude and longitude e.g. (i + 3,7 + 3) is
also resolved by averaging the values of the adjacent grid points which leads
to e.g.

<I>(i+1,j+1)—¢>(i+l,j—l):

i 272 (7.166)

Z[<1>(z'+1,j+1)—c1>(z'+1,j—1)+<1>(¢,j+1)—<1>(z',j—1)}

Accordingly, ®(i —3,j+ 1) —®(i—1,j—1), ®(i+L,j+3)—P(i—2%,7+3)
and ®(i + 5,7 — 5) — P(i — 3, — 3) are discretized. The resulting contribu-
tions from the conductance terms to the nine point stencil in figure 7.5 are
summarized in table 7.6. Therein, we are using the abbreviations A, B, C, D
from equations (7.153)—(7.156) for the conductance quantities.

Upwinding In the following the contributions to the stencil are denotes by
the variable ¢, e.g. at node 9 the coefficient would be c¢(i,j). The stability is
not preserved if the stencil coefficient of adjacent points of ¢(i,j) are changing
sign e.g. ¢(i+1,j5)c(i —1,7) <0or e(i,j+1)c(i,j —1) < 0. To avoid insta-
bilities the diagonal dominance of the coefficient matrix has to be preserved.
This can be done by using upwinding methods depending on the orientation
of the flux (i.e. the sign of the stencil coefficients). The derivatives with
respect to e.g. A\ for the central differencing is

d®(i + 3, ) 1 1 1 1 1

T A [+ 5.5+ 5) — @i+ 55— 35)] (7.167)
and the upwinding leads to
de(i+35,5) l[dé(i +1,7) N d@(i,j)}
d)\o 2 d)o d)\o
:1[®(i+1,j+1)—<1>(z'+1,j—1) +¢>(i,j+1)—¢>(i,j)}
2 2A N\ Ao
d®(i+3,5) l[dé(z’ +1,4) N d@(i,j)}
d)\o 2 d)o d)\o
_1[®(i+1,j+1)—<1>(z'+1,j—1) +¢)(i,j)—<1>(z’,j—1)}
2 24\ A

(7.168)
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=7 =T (0)cosA N 274(0)
nodp A= gt B = =agg C = anoas D = a5a
L Afi + 3,7) - - D(i,j+3) = D(irj = 3)
5 ] _ Cli+1,7) D(i,j + 3)
5 Ali = 5,7) - - —D(i,j +3) + D(i.j = 3)
6 - - C(i—3.7) D(i,j—3)
9 ] _ —C(i+4,7) —D(i,j — 3)
9 | —AG+1.4)—AG—13.4) | -Bli.j+3)—B(i.j—1) - -

Table 7.6: Contributions from conductance terms to nine point stencil using central differencing for all terms
(see subroutine cnm and subroutine cnmmod)




7.10. FINITE DIFFERENCING 179
nodg C:fgf% D:ff)\*io(g;

1 - 2D(i,j+ 1) —2D(i,j— 3)

3 20(i+3,7) —2C(i — 3,7) -

5 _ _

7 - B}

9 | —2C(>i+3,5) +2C(i+3,j5) | —=2D(i,j + ) +2D(i,j — 3)

Table 7.7: Modification to stencil due to upwinding with positive flux f; > 0
in subroutine cnm and subroutine cnmmod

and for the derivative with respect to longitude ¢ the upwinding results in

d@@j+%)_lﬁ¢@j+1) d@@j”

deo 2 doo dey
_lf@+Lj+n—¢@—Lj+n ¢@+Lﬁ—¢@ﬁ]
N 2 A¢0 2A¢0

d@@j+%)_1ﬁ@@j+l) d@@jﬁ

dgo 2 deo dey

_lﬁ@+Lj+n—©@—Lj+n+@@ﬁ—®@—Lﬁ]
2 2A ¢ Ao

(7.169)

The flux at the center of the stencil (i, j) is determined by the flux average of
the two adjacent points in the corresponding direction. Thus, the latitudinal
flux at the center ¢(i,j) is f; = 3[c(é,7 + 1) + ¢(4,j — 1)] and the longitudinal
flux is f; = 3[c(i +1,7) + c(i — 1,5)]. For positive flux f; > 0 the values
in table 7.7 are used and for negative flux f; < 0 the modifications in table
7.8 are applied. If the flux at the two adjacent points goes into the same
direction ¢(i + 1,7)c(i — 1,5) > 0 or ¢(4,j + 1)c(i,j — 1) > 0 the central
differencing in table 7.6 is used.

Equatorial boundary At the equator the coefficient stencil has to be
modified to take into account the boundary condition which was described
in section 7.8 eq. (7.109)-(7.114). The discrete modification to the right
hand side was described in the paragraph on page 171 eq. (7.151) but the
derivation will be explained in the following together with the left hand side.
Including the equatorial boundary condition eq. (7.109) into the electrody-
namo equation eq. (7.32) leads to eq. (7.112). The boundary condition can
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nodg C= 42%% D= 42%70(2;

1 - -

3 - -

5 - —2D(i,j+3)+2D(i,j — 3)
7 | 206+ 1,5)+20( - 3,7) -

9 2C(i+3,7) —2C(i+%,5) | 2D(i,j+3%)—2D(i,j — 3)

Table 7.8: Modification to stencil due to upwinding with negative flux f; < 0
in subroutine cnm and subroutine cnmmod

be rewritten as

0o

0P
z)\d)w + Z)\)\COS)\m—

i Rocos A K2, (7.170)

and from which in discrete form follows that

o 1 o 1 . 1 o 1
(4, Jeq + 5) + T (4, Jeq — 5) =RocosAo(Jeq + §)K£A(Z’Jeq + §)+

1

2 (7.171)
RycosAo(Jeq — é)KrgA(ivjeq - 5)

with T defined in eq. (7.161). The electrodynamo equation at the equator
(7.112)) is discretizied by

1 {T¢>(i + %vjeq) - Td)(i B %hjeq) + Tk(iajaz + %) - Tk(ivjeq - %)}

COS/\()(jeq) Ad)o A>\0
Ry DymodT . | 1 . DmodT,. 1 .

—— o | B = Jeq) — Ko, — 51 Je

COS/\O(jeq)AQbO[ mo (0¥ godea) = K™ (0= 5 ea) |
Ro

o 1 . 1 o 1 . 1
[KnDﬁK(Z’]eq + é)COSAO(Jeq +3)— Kn?)?(%]eq - i)COSAO(Jeq - 5)}

€050 (Jeq) Ao 2
(7.172)

Inserting equation (7.171) into the electrodynamo equation (7.172) the values
KPY(i,jeg — ) and T)(4,jeq — 3) are substituted by K2 (i, je, + 3) and
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nodg A:A(ﬁ%%;h) Bzngiz\%os’\o C:Zi%io(i)d) D:Zi%io(i)d)
1 A(i+ 5.7) - - D(i,j+ %)
2 - - - D(ij + 3)
3 - B(i,j + 3) - -
4 - - - —D(i,j + %)
5 A(i—3,7) - - —D(i,j + %)
6 - - - -
7 - - - -
8 - - - -
9 | —AG+30) = Al=355)| =Blj+3) : -

Table 7.9: Modification to stencil at the equator (see subroutine cnm or
subroutine cnmmod )

T\ (i, jeg + 3) which lead to

T¢(Z + %,jeq) - T¢>(7f - %ajeq) + QT)\(i7j6q + %)

Ay Ao
Ro | pmoar,. | 1 . Dmodl . 1 .
Ado {Km(b (i + iajeq) L v (B i,jeq) + (7.173)
Ry o 1 , 1
A—)\O {2KnD1)T(ZJEQ + 5)003}\0(]&1 + 5)}

. EmodT
with cosAg(jeq) = 1 and the value Ty, = —22 /\0(0) 867‘}; at the equator. Therefore

the stencil has to be modified at the equator according to table 7.9 with
B(i,j—3) =0, D(i,j — 1) = 0 and no Xy, contributions. The coefficients
for A are not changing (see table 7.6).

Coefficient stencil In table 7.10 the longitudinal and latitudinal dimen-
sions of the 5 different grid levels are given. On the finest grid level the right
hand side is stored in c0(:,:, 10). Therefore the dimension is 10 instead of 9,
which is the size at all other grid levels. At the pole (j = nmlat*) the off diag-
onal terms are set to zero and the diagonal terms to one ¢*(i, nmlat*,9) = 1
in subroutine edges with (-)* denoting the different grid levels. The right
hand side is set to one at the pole c0(i, nmlat,10) = 1. The left hand side
lhs is finally divided by cos)\g in subroutine divide.
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grid variable ¢* | long.dimension | lat.dimension nmlat* | "points” of stencil
level
0 c0 81 49 10
1 cl 41 25 9
2 c2 21 13 9
3 c3 11 7 9
4 c4 6 4 9

Table 7.10: Coefficient matrix name and dimensions at the different grid

levels
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7.11 Solving for the electric potential

In TIEGCM a multigrid solver is used which was developed by J. Adams. The
source code and information can be found at http://www.scd.ucar.edu/css-
/software/mudpack/. In the original mudpack solver the finite differencing
and the setting of all the boundary conditions are part of solver package. For
TIEGCM the stencil and the boundary conditions are already set up in the
TIEGCM code, and therefore the multigrid solver was modified accordingly.
We have three different solver options in TIEGCM which are all based on
the mudpack multigrid package.

e isolve=0 multigrid solver mudcr2 (see section 7.11.1)
e isolve=1 multigrid solver muhcr2 as direct solver (see section 7.11.2)

e isolve=2 modified multigrid solver mudcr2 (see section 7.11.3)

7.11.1 Multigrid solver mudcr2

The subroutine mud2cr attempts to compute the second-order difference
approximation to a two-dimensional linear nonseparable elliptic partial dif-
ferential equation with cross derivative terms on a rectangle. The approxima-
tion is generated on a uniform grid covering the rectangle. The parameters
used for the multigrid solver in TIEGCM are the following:

e intl=0: this is an input to the subroutine and is zero for the initial call
to mud2cr to check for errors. After the initial call of mud2cr intl=1
will be set and the PDE is solved.

e boundary conditions: with x being the longitudinal direction and y the
latitudinal one from the equator to the pole.

— nxa =0 : flags boundary conditions on the edge x=xa. nxa = 0
means the boundary condition is periodic in x on [xa,xb].

— nxb =0: flags boundary conditions on the edge x=xb. nxb = 0
means the boundary condition is periodic in x on [xa,xb].

— nyc =2: flags boundary conditions on the edge y=yc (equator).
nyc = 2 means that there are mixed derivative boundary condi-
tions at y=yec.
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— nyd =1: flags boundary conditions on the edge y=yd (pole).
nyd=1 means that the boundary condition is specified and input
thru the variable phi.

e defining the number of grid points in x (longitude) and y (latitude)
direction

— ixp = 5: ixp+1 is the number of points on the coarsest x grid
visited during multigrid cycling.

— jyq = 3: jyq+1 is the number of points on the coarsest y grid
visited during multigrid cycling.

— iex = 5: integer exponent of 2 used in defining the number of grid
points in the x direction

— jey = 5: integer exponent of 2 used in defining the number of grid
points in the y direction

— nx: number of equally spaced grid points in the interval [xa,xb]
nx = ixp 2 + 1

— ny: number of equally spaced grid points in the interval [yc,yd]
ny = jyq 2" 41

iguess = 0: no initial guess is used forcing full multigrid cycling

tolmax = 0.01: tolmax is the maximum relative error tolerance used
to terminate the relaxation iterations. Assume ®; and ®, are the last
two computed approximations at the finest grid level. If we define
Dyirr = max(|P2(i, j) — P1(¢,7)|) for all 4,7 and

D00 = maz(|Pa(i,j)|) for all 4,7 then convergence is considered to
have occurred if and only if % < tolmax

max

maxcy = 150: if tolmax > 0.0 is input, which means error control
is used, then maxcy is the limit on the number of cycles between the
finest and coarsest grid levels. When the multigrid iteration is working
correctly only a few cycles are required for convergence.

method = 3: method of relaxation. If neither fx (the longitudinal
second order derivative 3,,/A¢?) or fy (the latitudinal second order
derivative Xy, /AMN2) dominates over the solution region and they both
vary considerably choose method = 3, which uses line relaxation in
both the x and y direction
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e nwork: length of work array
length = [T(nx + 2)(ny + 2) + 4(11 + isz + jsy)nx * ny|/3

e mgopt: multigrid options the default values (2,2,1,3) in the vector
mgopt were chosen for robustness.

— mgopt(1) = 2: w cycling

— mgopt(2) = 2: the number of pre-relaxation sweeps executed be-
fore the residual is restricted and cycling is invoked at the next
coarser grid level

— mgopt(3) = 1: the number of post-relaxation sweeps executed
after the cycling has been invoked at the next coarser grid level
and the residual correction has been transferred back

— mgopt(4) = 3: multicubic prolongation (interpolation) is used to
transfer residual corrections and the PDE approximation from the
coarse to the fine grid within full multigrid cycling.

e output ®: solution of PDE which is the electric potential

e output ierror: indicates invalid input arguments when returned positive
and nonfatal warnings when returned negative.

If no convergence is reached with this version of the multigrid solver the
direct solver described in section 7.11.2 is used.

7.11.2 Multigrid solver muhcr2 as direct solver

This solver which is in subroutine muh2cr is originally a hybrid multi-
grid/direct method which approximates the same 2-d nonseparable elliptic
PDE as the mudpack solver mud2cr. Using a direct method combines the
efficiency of multigrid iteration with the certainty of a direct method. The
basic algorithm is modified by using banded Gaussian elimination in place of
relaxation whenever the coarsest subgrid is encountered within the multigrid
cycling. The solver becomes a full direct method if grid size arguments are
chosen so that the coarsest and finest grids coincide, i.e. choosing iex=jey=1
and ixp=nx-1, jyq=ny-1. This will set the Gaussian elimination on the finest
grid. In this case, subroutine muh2cr produces a direct solution to the same
nonseparable elliptic PDE. In TIEGCM we are using the solver muhcr2 only
as a direct solver.
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7.11.3 Modified multigrid solver mudcr?2

This solver is the same as the solver in section 7.11.1 only with the exception
that the residual is calculated with the coefficient stencil without upwinding
(see section 7.10). Therefore the solution converges toward the solution of
the direct solver using the coefficient stencil without the upwinding method.
In general upwinding introduces unwanted numerical dissipation. The un-
modified coefficient stencil is stored in the array cofum. In comparison with
the solver in section 7.11.1 the number of relaxation steps has to be increased
to get convergence.

e mgopt(2) = 3: the number of pre-relaxation sweeps executed before
the residual is restricted and cycling is invoked at the next coarser grid
level

e mgopt(3) = 2: the number of post-relaxation sweeps executed after
cycling has been invoked at the next coarser grid level and the residual
correction has been transferred back

All the other parameters remain the same and can be found in section 7.11.1.
If no convergence is reached with this multigrid solver the direct solver de-
scribed in section 7.11.2 is called.
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7.12 Electric Field

In subroutine threed the two and three dimensional electric field and the
three dimensional electric potential is calculated from the two dimensional
electric potential ®. The components of the electric field Ey; and Ez which
are in more-or-less magnetic eastward and downward/equatorward direction
are determined by

1 0o
Fh=—-———"—— 7.174
d Rocos\,, O, ( )
1 0P
Ey (7.175)

27 Rosinl,, O\,

In the code the equally spaced latitudinal grid point distribution Ag in A},
is used to calculate the derivatives. Therefore the mapping factors from the
irregular latitudinal spaced grid Ay, to Ao have to be taken into account.
Including these factors the discrete derivatives are

1 cosAo(j) @i —1,5) — (i +1,7)

Ea(ij) = Ry cosAx,(7) 2¢0s\o(7) A, (7.176)
Bt ) = B lsint (7103 (7 28N (7.177)

The polar values are averaged over the four surrounding points. At the equa-
tor a second order polynomial of the electric potential is fitted through the
adjacent points and thus the derivative of the polynomial at the equator is
determined.

The three dimensional electric potential and electric field is calculated
assuming that the dipolar magnetic field lines are equipotential. At each
grid point (¢(), AL, (j), h(k)) the foot point of the magnetic field line going
through this grid point is determined. Having found the foot point of the
field line at height hy the values, i.e. electric potential and electric field, at
this point can be determined by a two dimensional interpolation of the sur-
rounding points. The polar values are determined by longitudinal averaging
all the polar values.
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7.13 Additional features
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7.13.1 Magnetic perturbations

The magnetic perturbation from a TIEGCM model run can be determined
by using the postprocessor program MagIon. The program is available upon
request together a MagIon user guide, a model description is in preparation.
The global magnetic perturbations at the ground and above the ionosphere
at low orbiting satellite heights can be determined, or what a magnetometer
would measure at the ground. For details about the calculation and the nec-
essary assumption we refer to [?], [7] and the MagIon user guide.

To calculate the magnetic perturbation the radial component of the field-
aligned current J,, and the height-integrated current densities K, and K,
have to be known. In addition, if the influence of gravity and plasma pressure
gradient driven current should be included the height dependent Kffl‘; have
to be determined with and without the current driven by gravity and plasma
pressure gradient. The calculation of these currents is not the default in the
TIEGCM source code, thus the flag icalkglam == 1 in the module dynamo
has to be set. In the following the calculation of the different currents J,,,

K,s and Ky, which can be found in the file current.F, is described.

Field—aligned current J,,

The field—aligned current can be determined from the electrodynamo equa-
tion (7.32) without the assumption of symmetrical hemispheres which leads
to

9, Y OO 0 ) 0D 0D
9o comne 96, T ERan )t o e, T EneosAngn—)
OKP OKP
- R meo R MACOSAm R2 )\mf]mr
D, + a‘)\m‘ + R“cos ( )
7.178

Note that compared to the electrodynamo equation (7.32) the conductances
and the wind driven current are different in the northern and southern hemi-
sphere denoted by e.g. X4, instead of Z@). Therefore we determine the finite
difference coefficient stencil for both hemispheres instead of only one as de-
scribed in section 7.10 on page 173. The set up of the finite difference stencil
is analog to the one for only one hemisphere. The subroutine nosocoef
sets up the coefficient stencil for both hemisphere and also saves the wind
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driven current. The subroutine nosocoef is called shortly after the field
line integrations i.e. before the conductances and wind driven currents are
added together from the two hemispheres (see table 7.5). The conductances
are prepared for the finite differencing and represent

:% — nszigmll (7.179)
B ZEE\%;Z;AO — nszigm22 (7.180)
C :% — nszigme (7.181)

:% — nszigm2 (7.182)

The set up of the stencil is analog to section 7.10 see table 7.6 and 7.9 with
A, B, C and D from the definitions above eq. (7.179)—(7.182).

The calling tree is

call nsstencil
call nscnm

Note that the stencil is only calculated on the finest grid. In addition no up-
winding method to preserve the diagonal dominance is used since the finite
difference stencil is not used for solving. The numbering of the nine node
stencil for the southern hemisphere is the same as for the northern hemi-
sphere, which is illustrated in figure 7.6 for both hemispheres. This means
that e.g. points 67, 77 and 8” in the southern hemisphere are toward the
poles and not toward the equator as for the northern hemisphere points 6, 7
and 8. This switch of the nodes 6, 7, 8 with 4, 3, 2 is reflected in the set up
of the stencil in the southern hemisphere done in subroutine nscnm. The
result is stored in the array nscoef. The wind driven currents of the right
hand side are treated in the same way as in the dynamo equation in section
7.10 on page 171. The right hand side is saved in the array nsrhs.

Having set up the finite difference coefficient matrix C of the left hand
side, as described in the previous paragraph, and determined the wind driven
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4 g 2 4=6 3=7 2=8
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Figure 7.6: Geometry for the 9 point stencil in the northern and southern
hemisphere

current of the right hand side vector rhs we can insert the calculated electric
potential vector ® into equation (7.178) to solve for the field aligned current
vector J,,,.

5 COSAy, ONg -
—Jpr =CP —r1h 7.183
O coshg ONX, e ( )
Note that the whole electrodynamo equation was multiplied by Cosl/\o gg\f as

mentioned on page 141. The current calculation is done in subroutine
nosocrrt. For the polar values the average values at adjacent latitudinal
point are extrapolated by

nmlon nmlon

[9 Z er(iajpole + 1) - Z er(iajpole + 2)]
=1 i=1
(7.184)

1

er (jpole) :m

with nmlon the number of longitudes and j,,. the latitudinal index at the
north / south pole and the F sign referring to the poles respectively. Close
to the magnetic equator there is no distinct allocation of the current to either
the height integrated current density K,,\ or the field—aligned current J,,,
since the magnetic field lines are almost horizontal in this region. Therefore
the allocation to either one of the two currents K,,,, and J,,, depends strongly
on the reference height hy. Raising the reference height will shift the current
from the field line to the ionospheric current sheet K,,,. The exact distribu-
tion of the current at the equator can be neglected for the calculation of the
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magnetic perturbations. Therefore we linearly interpolate the field—aligned
current between +12¢ latitude.

. Jm?‘ )\;nﬁbaa: er /\mm min min
Ty = Zr O Ve ) () ) (785)
for A<\, < Ame (7.186)
with A" = —12° and A% = 12°. Due to the linear interpolation at each

latitude higher frequency modes are introduced which are smoothed by a
weighted average in longitude.

Toe () = 2L 1,3) B (i) i = 1,)] (7.187)

Since the field—aligned current .J,,, is used to calculate the ionospheric equator—
/ downward current sheet contribution K,,, the total current system is ad-
justed automatically to satisfy that it is divergence free.

Eastward current J.; and height integrated current densities K,
K\

To calculate the eastward height integrated current density K4, see also eq.
(7.4) in [8],

h
v Rp+ hys/2Je
Koy = / 2 (7.188
q¢ n ( Ro ) Ja )

the eastward current .J.; has to be known. The eastward current .J.; is
determined by, see also eq. (5.7) in [8],

J, d? d,-d Jh9
Dl = 0P51(Ed1 + UeaBes) + (op 1D 2 - on)(Eg2 — e Bes) + facﬁl
(7.189)

The downward-/ equatorward current component J,, is only calculated for
postprocessing reasons.

Je d? d;-d
62 = Upﬁ(Eum — U1 Bes) + (op L2

(]p’g
+ JH)(Ed1 — uegBeg) + fac%

(7.190)




7.13. ADDITIONAL FEATURES 193

with fac = 10* being the conversion factor from —5 to —. The current

components are computed on the half pressure levels. The input quantities
2

OH, Op, d—Dl, dlbdQ, Ue1, Ueo and B, are all stored at half pressure levels.

Only the electric field Fy and Ey4o are at full pressure levels and have to be

converted to half levels by

En(K) = 5(Ea(k) + Ealk +1)) (7.191)

with k’ denoting the half pressure level index k' = k—l—%. We assume that % =
1 everywhere which is approximately true. In addition to this simplification
the height variation of the magnetic field component B.s is neglected. The
current contribution due to plasma pressure gradient and gravity J27 is

Ja’ _Jp-di+Jg - dy
D D

(7.192)

with J, determined in section 7.9.2 by eq. (7.123) and the gravity term J,
in section 7.9.1 by eq. (7.118). The gravity and plasma pressure gradient
current is calculated in subroutine magpres_grav on the geographic grid
and is mapped afterward to the geomagnetic grid. Both terms J, and J, are
stored at half pressure levels.

Once the eastward current .J.; is determined the height integrated east-
ward current density K, can be calculated by using eq. (7.188) with the
dipole filed quantity F' quantity, see also eq. (6.9) in [8],

sinA,y, sini,, (RE +h

F:
Ry

)’D (7.193)

sinAg sinl

Inserting eq. (7.193) into eq. (7.188) leads to

Kq¢ =

P T sind, sz’n[< Ry )1/2dh

T (7.194)

n D sinAy sinl,

which is calculated at full pressure levels. The height integrated current
densities are calculated assuming a dipole field which is indicated by the index
(1) of Kys. Therefore the height integration is done in height rather than
along the field line. The difference between height and field line integration
at mid— and high latitude is small since the field lines are almost vertical
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through the ionospheric current sheet. The dipole latitude A, in eq. (7.194)
is

sinAg(h) = sinAy,(ho) (7.195)
We assume dipolar field lines such that \,,(h) can be computed by

R
cos* A (h) = %0032)\(1 (7.196)

The sinus of the inclination angle I,,, is determined by

94i
sinl,, = —25mAn(ho) (7.197)
V14 3sin2\,,, (ho)
and the sinus of the angle I by
sind = —= 7.198
B (7195

with | Bg| the magnitude of the geomagnetic field and B, the downward com-
ponent. Note that we assume that both quantities vary in the same way in
height and therefore no height variation is taken into account. The equatorial
values of sin/ and sin), are taken from the adjacent grid point in latitude.
The height integral is the sum over all height levels with

Ky = mzv S(K'")Je1 (K")dh(k) (7.199)

k=—2

with Je; (k") the eastward current at the half pressure level between k and
k+1. The term S denotes ;ZZ;T‘Z sl ()12 which is known at the full
level e.g. k and k+1 and therefore has to be interpolated to the half pressure
level. The discrete height dh is determined by dh = 75[2(k 4+ 1) — z(k)] in
For the calculation of the magnetic perturbations due to plasma pressure
gradient and gravity driven current, the height distribution of the eastward
current density denoted by Kf% has to be known. The previous assumption
that most of the current is flowing in a thin current shell is not valid anymore

since the current due to gravity and plasma pressure gradient is flowing in
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the E- and F-region. Therefore the height dependent current density at
pressure level £* is calculated by

K+
KDk = S(K) Jea (K)dh(k) (7.200)
k=—2
Once the height integrated eastward current density K,4 and the ra-
dial component of the field aligned current .J,,, are determined by equations
(7.183) and (7.199) the height integrated northward current density K, can
be calculated such that the current system is divergence free

—1 0K,  O(Kjcos),)

Iy =
Rcos), | 0o, 0\,

] (7.201)

Solving eq. (7.201) for the the height integrated northward current density
K, leads to

* 1 g aKq¢>
Ko (00 0) = —— [ | [Jyr ReosAg + 90, ldA, (7.202)
¢/=3
The derivative 88];? is approximated by central differencing
dog 2A¢,

with i being the longitudinal index and 7 + % denoting the average between
the grid points i and i+1. We substitute the following term for simplicity

dK‘]¢ (27 j)
doq
into equation (7.202). The integration is done over the southern and northern

hemisphere separately since the total current in both hemispheres has to
cancel.

T(i,j) = Jor (i, ) ReosA(j) + (7.204)

j* 1 nmlat + 1
S (i, j*) == T(i,j - SN =Nl ——— =" >2 (7205
7j=2

]*
. o
SN (i, %) = E T(i,j + 5)[%’ — Aj1)

j=nmlat—1

nmlat + 1

5 < 7° < nmlat-1

(7.206)
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In addition the integral of the absolute northward current is computed by

I 1 nmlat + 1
S, ) = = |T(i,j - SN =Xl ————2=2j>2  (7.207)
J=2
j*
L o1 nmlat +1
S = Y TG+ ) = Al ———— < j < nmlat-1

j=nmlat—1

(7.208)

The northward current K,y has to be corrected to assure that the sum over

both hemispheres vanishes. The magnitude of the correction €7 and V¥
for the two hemispheres is calculated at each longitude ¢, (7).
SH/:\ ) ) . ko
(i) = 5 EEEIED] | with j* = nmlat (7.209)
NH/-\ _ 9 ) . ko
e (1) = 5 SN ] | with j* =nmlat (7.210)

The corrected northward height integrated current densities in the southern
and northern hemisphere are

= — — — >
KX (4, ) o, (527 (i, 7) — €7 (1) S (4, 5)] T 2i>2
(7.211)
cor (- 1 . . . nmlat +1
E3(6,7) = — (SN (i, 3) + V(@) |[SM (i, §)]] ———— < j < nmlat-1
COSAq 2
(7.212)

with the error e distributed according to the weight of |S(i, j)| = | K (7, )]
The eastward current J.;, the height integrated current densities K, and
KS", as well as the height dependent current density Kégt are all calculated
in subroutine nosocrdens.
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7.13.2 No electrodynamo calculation
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physical field H variable ‘ unit ‘ pressure level ‘ timestep
electric field: east-

,north-, upward

geomagnetic direc- | R* Ep, R* B\, 20z % B, \% interface tn
tion on geographic

grid

geomagnetic field B,, By, B, Gauss - -
(north-, east-,

downward)

geomagnetic  field B Gauss - -
strength

Jacobian Jimag = %‘?;“j - - -

Table 7.11: Input fields to subroutine ionvel

physical field H variable ‘ unit ‘ pressure level ‘ timestep

electric field:
geographic  east-
,north-, upward

on geographic grid E. E,E, V/em interface tn
electromagnetic VEsBzs VExB,ys VExB,2 | CIL/S interface tn
drift velocity

(geographic  east-
,north-, upward)

Table 7.12: Output fields of subroutine ionvel

7.14 Electrodynamic drift velocity calculation

/

The input to subroutine ionvel is summarized in table 7.11. The output
of subroutine ionvel is summarized in table 7.12. Firstly, the electric
field input to this subroutine R * E,,4, R * E,,,», Az * F/, which is the electric
field on the geographic grid but in geomagnetic direction is rotated into the
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geographic direction by using the Jacobian matrix J,,,.

cos A, ddpm dom
J . aSmag _ | coshg dog cos Ay dAg (7 213)
mag = Ho— = 1~ d\m Am '

geo cos \g deg Ag

with the geographic coordinate system denoted by s, and the geomagnetic
coordinate system denoted by s,,,. The Jacobian matrix is calculated in the
subroutine apex by using the eastward f; and northward f; base vector for
quasi-dipole coordinates as defined in [9].

f2(2) fg(l)
Jmag = (—f1(2) fl(l)) (7214)

The electric field [V/cm] in geographic direction is Egeo = JpmagEmag

1

1. .
Ey :E []12R * Em¢> + jQQR * Em)\] (7216)
20z % E,
E ="""_ "= 21
i 2Az (7.217)

with the radius R = Rg + 2z, and 2Az = zx1 — 2x_1. The electric field is
extrapolated at the lower and upper boundary with the height index k;,; and
Etop-

E.(Zpot) =2E, (20t + A2) — E.(2por + 2A2) (7.218)
E.(2top) =2E.(210p — A2) — E,(240p — 2A2) (7.219)
The height 24, corresponds to kpet, and ziep 0 kiop With 2 + Az is kpor + 1,

and 2y, — Az 1S kiop — 1 ete. The electrodynamic drift velocity is determined
by

ExB
B2

VEzB = —

(7.220)

The components of B are B, By, andB, in northward, eastward and down-
ward direction. To be consistent with the geographic direction the magnetic
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field vector reads (B, B;, —B,)".

VEsBgx = — W (7.221)

VEzB.y :% (7.222)

VEzB,» :w (7.223)

(7.224)

In the code a factor of 10° is used to convert from [—2—1] to [-=] = [m/s].

However, after the periodic points are set the electrodynamic drift velocity
is converted back from m/s to [em/s]
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8.1

A Shapiro Filter/smoother is used for time-dependent dynamical variables
Tn, Un,Vn,O+, \I’(), \I’OQ,\I/NO and \DN(“S) in the TIEGCM to limit the de-
velopment of numerical nonlinear instability and short wavelength waves
(less than four grid size) that are poorly represented in the model. Shapiro
smoothing is used in modules/subroutines that solve equations for these vari-
ables.

*Note: the following material is from [16], and copyright to the
University of Michigan. Some of the material has been modified
based on the updated TIEGCM.

In real world, wave interactions occur that generate larger and smaller wave-
length waves. The smaller waves cascade in sizes to reach the characteristic
scale of molecular dissipation which is the process that finally eliminates mo-
tion. However, in a numerical model that has discrete grid, motion energy
cascade from larger wavelength waves to smaller and smaller scales is inter-
rupted. In fact, waves with wavelength smaller than 2Az (Azx is the grid
size of a numerical model) are erroneously represented as larger wavelength
waves. This phenomenon is called aliasing [6]. The net result of this alias-
ing is a fictitious energy buildup since energy is added continuously to the
model through forcing terms, while energy dissipation processes are cut off.
Therefore, even though a numerical scheme is linearly stable, the results can
degrade into physically meaningless computational noise. The solutions of
model dynamical variables can grow to infinity. This numerical error is com-
monly referred to as nonlinear instability.

To remove aliasing in the wave presentation, and thus to prevent the non-
linear instability from occurring, short waves with wavelength smaller than
4Azx must be eliminated from a numerical model. In addition to the above
mentioned nonlinear instability problem, such short waves are also poorly
represented in terms of phase and amplitude. And they are expected to dis-
sipate to even smaller scale motions anyway. Therefore, it is desirable to
remove these waves completely.

In the TIEGCM the smoothing technique discussed by [13] is used to control
computational noise. The Shapiro smoother is a low-pass filter that elim-
inates waves with wavelength smaller than 4Ax each time step, but leaves
the large-scale disturbances unaffected. Another way to control nonlinear
instability is to enhance the horizontal eddy diffusion by proper parameteri-
zation of the subgrid correlation terms. This method is not desirable since it
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allows modelers to adjust the eddy diffusion coefficient arbitrarily to change
the magnitude of numerical solutions [14],

A one-dimensional, five-point Shapiro smoothing scheme is used in both the
TIEGCM to eliminate or constrain any spurious, nonlinear growth of high-
frequency waves that may be introduced by roundoff and truncations errors
or by the interruption of the energy cascade process that transport energy
from large-scale disturbances to small-scale motions. Any time-dependent
dynamical variable Z( T,,,U,, V,, 0", ¥o, ¥p,, Uno and Vyag)) is averaged
each time step by

Z = Zl - Od(ZlJrQ + Zl72 - 4Zl+1 + 6Zl) (81)

where [ is the index of grid point in either latitude or longitude direction.«
is a smoothing factor and 0 < a < 0.5. Z(x) can be expressed in terms of a
summation of Fourier components of the form

Zy = C + Acosk(z; + ¢) (8.2)

where C' is a constant, A is the amplitude of the wave component with
wave number k ( k = 2I1/\, where X is the wavelength of the component).
Substituting 8.2 into 8.1 yields

7 =C + Acosk(x; + ©)[1 — 2a(cos2kAx — dcoskAx + 3)]

8.3
=C + A[l — 4a(1 — coskAx)?|cosk(z; + @) (&)

« is set to be equal to 0.03. « values are determined by numerical exper-
iments. It is desirable to have « as small as possible so that longer waves
are less affected by the smoothing. The minimum value of « is obtained by
gradually decreasing o while preserving integrity and stability of the numeri-
cal solutions. It is clear from 8.3 that all wavelengths are damped. However,
short waves (\,8Ax) are heavily damped while long waves are almost un-
affected. Successive application of this smoother on a dynamical variable
prevents short waves from growing to such a degree that they degrade the
numerical solutions.

8.2

*Note: the following material is from [16], and copyright to the
University of Michigan. Some of the material has been modified
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based on the updated TIEGCM.

Since the TTEGCM uses a uniform horizontal grid system and finite-difference
numerical scheme, computational errors can grow significantly as the grids
approach to the poles. The zonal grid sizes decrease in direct proportion to
cos¢ , where ¢ is the latitude. The truncation error of the finite-difference
scheme and other numerical errors may be amplified by the zonal finite differ-
ence calculations at the grid points near poles. Non-physical waves are then
generated and grow non-linearly to cause computational instability. This
pole problem occurs in any simulation that uses finite difference techniques
with uniform latitude and longitude grids. One way to avoid this problem
is to use much smaller time steps, which is undesirable because it increases
the computational cost dramatically by slowing down the entire simulation
process.

Another way to solve this pole problem is to apply a Fourier filter at high
latitudes to remove non-physical high-frequency zonal waves generated by
finite differences in the region with smaller zonal grid sizes. At each time
step a Fourier expansion is applied to the prognostic variables of the model.
A cutoff frequency was found at each latitude (at high latitudes) as a re-
sult of numerical experiments. Waves with frequencies that are higher than
the cutoff frequencies are eliminated from the Fourier spectra of prognostic
variables. The values of prognostic variables are then recovered through a
reverse Fourier transform using modified Fourier spectra. Each latitude grid
may have its own cutoff frequency. The cutoff frequency at a particular lati-
tude is determined by the expected time step used by a model. A large time
step requires low cutoff frequencies and more zonal waves are filtered out.
In the TIEGCM, Fourier filters are applied to the individual prognostic vari-
ables. These variables include T}, Uy, V,,0", Wo, Vp,, Uno, Vy@ug) and W.
It should be noted here that to apply a Fourier filter directly and succes-
sively on prognostic variables may cause overfiltering which may remove fine
structures that are expected to occur at high latitudes.
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